
Prepared for submission to JHEP

Search for charged lepton flavor violating decays of
Υ(1S)

The Belle Collaboration
S. Patra,27 V. Bhardwaj,27 K. Trabelsi,49 I. Adachi,22,18 H. Aihara,93 S. Al Said,86,44

D. M. Asner,3 H. Atmacan,8 T. Aushev,24 R. Ayad,86 V. Babu,9 S. Bahinipati,28

P. Behera,31 K. Belous,34 J. Bennett,59 M. Bessner,21 B. Bhuyan,29 T. Bilka,5

A. Bobrov,4,72 D. Bodrov,24,50 J. Borah,29 A. Bozek,69 M. Bračko,56,41 P. Branchini,37

T. E. Browder,21 A. Budano,37 M. Campajola,36,64 D. Červenkov,5 M.-C. Chang,13

P. Chang,68 A. Chen,66 B. G. Cheon,20 K. Chilikin,50 H. E. Cho,20 K. Cho,46

S.-J. Cho,99 S.-K. Choi,7 Y. Choi,84 S. Choudhury,39 D. Cinabro,97 S. Cunliffe,9

S. Das,55 G. De Nardo,36,64 G. De Pietro,37 R. Dhamija,30 F. Di Capua,36,64

J. Dingfelder,2 Z. Doležal,5 T. V. Dong,11 D. Epifanov,4,72 T. Ferber,9 A. Frey,17

B. G. Fulsom,74 R. Garg,75 V. Gaur,96 N. Gabyshev,4,72 A. Giri,30 P. Goldenzweig,42

E. Graziani,37 T. Gu,76 T. Hara,22,18 K. Hayasaka,71 H. Hayashii,65 M. T. Hedges,21

M. Hernandez Villanueva,9 W.-S. Hou,68 C.-L. Hsu,85 T. Iijima,63,62 K. Inami,62

G. Inguglia,35 A. Ishikawa,22,18 R. Itoh,22,18 M. Iwasaki,73 Y. Iwasaki,22

W. W. Jacobs,32 E.-J. Jang,19 S. Jia,14 Y. Jin,93 K. K. Joo,6 J. Kahn,42

A. B. Kaliyar,87 K. H. Kang,43 G. Karyan,9 T. Kawasaki,45 C. Kiesling,57 C. H. Kim,20

D. Y. Kim,83 K.-H. Kim,99 K. T. Kim,47 Y.-K. Kim,99 K. Kinoshita,8 P. Kodyš,5

T. Konno,45 A. Korobov,4,72 S. Korpar,56,41 E. Kovalenko,4,72 P. Križan,52,41

R. Kroeger,59 P. Krokovny,4,72 T. Kuhr,53 M. Kumar,55 R. Kumar,77 K. Kumara,97

A. Kuzmin,4,72,50 Y.-J. Kwon,99 K. Lalwani,55 T. Lam,96 J. S. Lange,15 S. C. Lee,48

C. H. Li,51 J. Li,48 L. K. Li,8 Y. Li,14 Y. B. Li,14 L. Li Gioi,57 J. Libby,31 K. Lieret,53

D. Liventsev,97,22 A. Martini,9 M. Masuda,92,78 T. Matsuda,60 D. Matvienko,4,72,50

M. Merola,36,64 F. Metzner,42 K. Miyabayashi,65 R. Mizuk,50,24 G. B. Mohanty,87

R. Mussa,38 M. Nakao,22,18 A. Natochii,21 L. Nayak,30 M. Nayak,89 N. K. Nisar,3

S. Nishida,22,18 K. Ogawa,71 S. Ogawa,90 H. Ono,70,71 Y. Onuki,93 P. Oskin,50

P. Pakhlov,50,61 G. Pakhlova,24,50 T. Pang,76 S. Pardi,36 H. Park,48 S.-H. Park,22

A. Passeri,37 S. Paul,88,57 T. K. Pedlar,54 R. Pestotnik,41 L. E. Piilonen,96

T. Podobnik,52,41 V. Popov,24 E. Prencipe,25 M. T. Prim,2 M. Röhrken,9

A. Rostomyan,9 N. Rout,31 G. Russo,64 D. Sahoo,39 S. Sandilya,30 A. Sangal,8

L. Santelj,52,41 T. Sanuki,91 V. Savinov,76 G. Schnell,1,26 C. Schwanda,35 Y. Seino,71

K. Senyo,98 M. E. Sevior,58 M. Shapkin,34 C. Sharma,55 C. P. Shen,14 J.-G. Shiu,68

B. Shwartz,4,72 F. Simon,57 J. B. Singh,75,? A. Sokolov,34 E. Solovieva,50 M. Starič,41

Z. S. Stottler,96 J. F. Strube,74 M. Sumihama,16,78 T. Sumiyoshi,95

M. Takizawa,81,23,79 U. Tamponi,38 K. Tanida,40 F. Tenchini,9 M. Uchida,94

T. Uglov,50,24 Y. Unno,20 S. Uno,22,18 P. Urquijo,58 Y. Usov,4,72 R. Van Tonder,2

G. Varner,21 A. Vinokurova,4,72 A. Vossen,10 E. Waheed,22 C. H. Wang,67 D. Wang,12

E. Wang,76 M.-Z. Wang,68 S. Watanuki,99 E. Won,47 X. Xu,82 B. D. Yabsley,85

W. Yan,80 S. B. Yang,47 H. Ye,9 J. Yelton,12 J. H. Yin,47 C. Z. Yuan,33 Y. Yusa,71

Y. Zhai,39 Z. P. Zhang,80 V. Zhilich,4,72 V. Zhukova,50 V. Zhulanov4,72

1Department of Physics, University of the Basque Country UPV/EHU, 48080 Bilbao, Spain
2University of Bonn, 53115 Bonn, Germany
3Brookhaven National Laboratory, Upton, New York 11973, USA
4Budker Institute of Nuclear Physics SB RAS, Novosibirsk 630090, Russian Federation
5Faculty of Mathematics and Physics, Charles University, 121 16 Prague, The Czech Republic
6Chonnam National University, Gwangju 61186, South Korea
7Chung-Ang University, Seoul 06974, South Korea
8University of Cincinnati, Cincinnati, OH 45221, USA
9Deutsches Elektronen-Synchrotron, 22607 Hamburg, Germany

10Duke University, Durham, NC 27708, USA
11Institute of Theoretical and Applied Research (ITAR), Duy Tan University, Hanoi 100000, Viet-
nam

12University of Florida, Gainesville, FL 32611, USA
13Department of Physics, Fu Jen Catholic University, Taipei 24205, Taiwan
14Key Laboratory of Nuclear Physics and Ion-beam Application (MOE) and Institute of Modern
Physics, Fudan University, Shanghai 200443, PR China

15Justus-Liebig-Universität Gießen, 35392 Gießen, Germany
16Gifu University, Gifu 501-1193, Japan

?Also at University of Petroleum and Energy Studies, Dehradun 248007, India

ar
X

iv
:2

20
1.

09
62

0v
1 

 [
he

p-
ex

] 
 2

4 
Ja

n 
20

22



17II. Physikalisches Institut, Georg-August-Universität Göttingen, 37073 Göttingen, Germany
18SOKENDAI (The Graduate University for Advanced Studies), Hayama 240-0193, Japan
19Gyeongsang National University, Jinju 52828, South Korea
20Department of Physics and Institute of Natural Sciences, Hanyang University, Seoul 04763, South
Korea

21University of Hawaii, Honolulu, HI 96822, USA
22High Energy Accelerator Research Organization (KEK), Tsukuba 305-0801, Japan
23J-PARC Branch, KEK Theory Center, High Energy Accelerator Research Organization (KEK),
Tsukuba 305-0801, Japan

24National Research University Higher School of Economics, Moscow 101000, Russian Federation
25Forschungszentrum Jülich, 52425 Jülich, Germany
26IKERBASQUE, Basque Foundation for Science, 48013 Bilbao, Spain
27Indian Institute of Science Education and Research Mohali, SAS Nagar, 140306, India
28Indian Institute of Technology Bhubaneswar, Satya Nagar 751007, India
29Indian Institute of Technology Guwahati, Assam 781039, India
30Indian Institute of Technology Hyderabad, Telangana 502285, India
31Indian Institute of Technology Madras, Chennai 600036, India
32Indiana University, Bloomington, IN 47408, USA
33Institute of High Energy Physics, Chinese Academy of Sciences, Beijing 100049, PR China
34Institute for High Energy Physics, Protvino 142281, Russian Federation
35Institute of High Energy Physics, Vienna 1050, Austria
36INFN - Sezione di Napoli, I-80126 Napoli, Italy
37INFN - Sezione di Roma Tre, I-00146 Roma, Italy
38INFN - Sezione di Torino, I-10125 Torino, Italy
39Iowa State University, Ames, Iowa 50011, USA
40Advanced Science Research Center, Japan Atomic Energy Agency, Naka 319-1195, Japan
41J. Stefan Institute, 1000 Ljubljana, Slovenia
42Institut für Experimentelle Teilchenphysik, Karlsruher Institut für Technologie, 76131 Karlsruhe,
Germany

43Kavli Institute for the Physics and Mathematics of the Universe (WPI), University of Tokyo,
Kashiwa 277-8583, Japan

44Department of Physics, Faculty of Science, King Abdulaziz University, Jeddah 21589, Saudi Ara-
bia

45Kitasato University, Sagamihara 252-0373, Japan
46Korea Institute of Science and Technology Information, Daejeon 34141, South Korea
47Korea University, Seoul 02841, South Korea
48Kyungpook National University, Daegu 41566, South Korea
49Université Paris-Saclay, CNRS/IN2P3, IJCLab, 91405 Orsay, France
50P.N. Lebedev Physical Institute of the Russian Academy of Sciences, Moscow 119991, Russian
Federation

51Liaoning Normal University, Dalian 116029, China
52Faculty of Mathematics and Physics, University of Ljubljana, 1000 Ljubljana, Slovenia
53Ludwig Maximilians University, 80539 Munich, Germany
54Luther College, Decorah, IA 52101, USA



55Malaviya National Institute of Technology Jaipur, Jaipur 302017, India
56Faculty of Chemistry and Chemical Engineering, University of Maribor, 2000 Maribor, Slovenia
57Max-Planck-Institut für Physik, 80805 München, Germany
58School of Physics, University of Melbourne, Victoria 3010, Australia
59University of Mississippi, University, MS 38677, USA
60University of Miyazaki, Miyazaki 889-2192, Japan
61Moscow Physical Engineering Institute, Moscow 115409, Russian Federation
62Graduate School of Science, Nagoya University, Nagoya 464-8602, Japan
63Kobayashi-Maskawa Institute, Nagoya University, Nagoya 464-8602, Japan
64Università di Napoli Federico II, I-80126 Napoli, Italy
65Nara Women’s University, Nara 630-8506, Japan
66National Central University, Chung-li 32054, Taiwan
67National United University, Miao Li 36003, Taiwan
68Department of Physics, National Taiwan University, Taipei 10617, Taiwan
69H. Niewodniczanski Institute of Nuclear Physics, Krakow 31-342, Poland
70Nippon Dental University, Niigata 951-8580, Japan
71Niigata University, Niigata 950-2181, Japan
72Novosibirsk State University, Novosibirsk 630090, Russian Federation
73Osaka City University, Osaka 558-8585, Japan
74Pacific Northwest National Laboratory, Richland, WA 99352, USA
75Panjab University, Chandigarh 160014, India
76University of Pittsburgh, Pittsburgh, PA 15260, USA
77Punjab Agricultural University, Ludhiana 141004, India
78Research Center for Nuclear Physics, Osaka University, Osaka 567-0047, Japan
79Meson Science Laboratory, Cluster for Pioneering Research, RIKEN, Saitama 351-0198, Japan
80Department of Modern Physics and State Key Laboratory of Particle Detection and Electronics,
University of Science and Technology of China, Hefei 230026, PR China

81Showa Pharmaceutical University, Tokyo 194-8543, Japan
82Soochow University, Suzhou 215006, China
83Soongsil University, Seoul 06978, South Korea
84Sungkyunkwan University, Suwon 16419, South Korea
85School of Physics, University of Sydney, New South Wales 2006, Australia
86Department of Physics, Faculty of Science, University of Tabuk, Tabuk 71451, Saudi Arabia
87Tata Institute of Fundamental Research, Mumbai 400005, India
88Department of Physics, Technische Universität München, 85748 Garching, Germany
89School of Physics and Astronomy, Tel Aviv University, Tel Aviv 69978, Israel
90Toho University, Funabashi 274-8510, Japan
91Department of Physics, Tohoku University, Sendai 980-8578, Japan
92Earthquake Research Institute, University of Tokyo, Tokyo 113-0032, Japan
93Department of Physics, University of Tokyo, Tokyo 113-0033, Japan
94Tokyo Institute of Technology, Tokyo 152-8550, Japan
95Tokyo Metropolitan University, Tokyo 192-0397, Japan
96Virginia Polytechnic Institute and State University, Blacksburg, VA 24061, USA
97Wayne State University, Detroit, MI 48202, USA



98Yamagata University, Yamagata 990-8560, Japan
99Yonsei University, Seoul 03722, South Korea

Abstract: We present a search for the charged lepton-flavor-violating decays Υ(1S) →
`±`′∓ and radiative charged lepton-flavour-violating decays Υ(1S)→ γ`±`′∓ [`, `′ = e, µ, τ ]
using the 158 million Υ(2S) sample collected by the Belle detector at the KEKB collider.
This search uses Υ(1S) mesons produced in Υ(2S)→ π+π−Υ(1S) transitions. We do not
find any significant signal, so we provide upper limits on the branching fractions at the 90%
confidence level.
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1 Introduction

Neutrino oscillation has already been observed [1], which suggests that the accidental lep-
ton family symmetry in the standard model (SM) Lagrangian is violated. The minimal
extension of the SM that can explain neutrino oscillations requires the presence of a right-
handed neutrino. In such a framework, individual lepton number is violated, and charged
lepton-flavor-violating (CLFV) transitions can occur mediated by W± bosons and massive
neutrinos. However, the tiny neutrino mass leads to B (µ± → e±γ) ∼ 10−54 [2, 3]. Several
new physics models inspired by grand unified theories, such as supersymmetry and those
predicting leptoquarks, enhance the decay rate of the CLFV transitions [4, 5].

The effective Lagrangian of new physics (NP) models can be expressed as the sum
of a dipole term, four-fermionic interactions, and a gluonic interaction part. The Wilson
coefficients of the NP operators can be determined by matching with phenomena that in-
volve CLFV interactions [6]. Several operators such as vector, tensor, axial-vector operators
of four-fermionic interactions allow CLFV transitions. Precise measurement of two-body
vector meson CLFV decays allows one to probe the vector and tensor operators effectively.

A few results have previously been published related to two-body CLFV Υ(nS)→ ``′

[`, `′ = e, µ, τ and n = 1, 2, 3] decays [7, 8]. Only Υ(1S) → µ±τ∓ decay has been studied,
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and no Υ(1S)→ e±µ∓ and Υ(1S)→ e±τ∓ results are available. CLFV Υ(1S) decays can
be studied with direct production or di-pion tagging of Υ(2S) decays. Belle accumulated
6 fb−1 of data at Υ(1S) resonance, corresponding to 119 million Υ(1S) events. However,
it is difficult to trigger the two-charged-particle final state of these events: the sample is
subject to an extensive background, predominantly from QED processes. Belle also accu-
mulated 25 fb−1 of data at Υ(2S) resonance, corresponding to 28 million Υ(1S) produced in
Υ(2S) → π+π−Υ(1S) decay. The four-particle final state of Υ(2S) → π+π−Υ(1S) allows
for a more efficient trigger and for the suppression of the QED background. Therefore, we
search for the Υ(1S)→ `±`′∓ decays using the Υ(2S) data sample.

Radiative lepton-flavor-violating (RLFV) transitions allow one to probe the operators
which are not easily accessible in the two-body decays [6]. Using three-body vector meson
RLFV decays, one can put constraints on the corresponding Wilson coefficients of axial-
vector, scalar, and pseudoscalar operators. Thus RLFV studies of Υ(nS) [n = 1, 2, 3]
provide complementary access to the NP parameters. Currently, there are no existing
results available for the Υ(nS)→ γ`±`′∓ decays. We perform the first search for RLFV in
Υ(1S)→ γ`±`′∓ decays using the Υ(2S) data sample.

2 Belle experiment

The world’s largest Υ(2S) sample, corresponding to 158 million Υ(2S) events, was collected
with the Belle detector at the KEKB asymmetric-energy e+e− collider [9] operating at a
center-of-mass of energy (

√
s) of 10.02 GeV. We study the e+e− → qq̄ (q = u, d, s, c)

background using the 80 fb−1 data sample collected at 10.52 GeV.
The Belle detector is a large-solid-angle spectrometer, which includes a silicon ver-

tex detector (SVD), a 50-layer central drift chamber (CDC), an array of aerogel threshold
Cherenkov counters (ACC), time-of-flight scintillation counters (TOF), and an electromag-
netic calorimeter (ECL) comprised of 8736 CsI(Tl) crystals located inside a superconducting
solenoid coil that provides a 1.5T magnetic field. An iron flux return located outside the coil
is instrumented to detect K0

L mesons and identify muons (KLM). The detector is described
in detail elsewhere [10].

3 Event selection

We use the EVTGEN package [11], with QED final-state radiation simulated by PHOTOS
for the generation of Monte Carlo (MC) simulation events. We generate the signal events
for CLFV modes using the PHSP decay model. A GEANT3-based [12] MC simulation is
used to model the response of the detector. Thus, dedicated MC samples are generated for
different signal modes to determine signal efficiencies and define selection criteria. Back-
ground studies and the optimization of those criteria are performed using an MC simulated
sample of Υ(2S) events with a size corresponding to the integrated luminosity. Dominant
backgrounds arise from Υ(2S)→ π+π−Υ(1S) decays with Υ(1S)→ `±`∓ [` = e, µ, τ ]. The
MC samples for these decays, corresponding to about 20 times of data, are generated to
study backgrounds arising from them. For two-body CLFV searches, Υ(1S) candidates are
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reconstructed in the e±µ∓, µ±τ∓, and e±τ∓ final states. We reconstruct τ in τ− → e−ν̄eντ ,
τ− → π−π+π−ντ for the Υ(1S) → µ±τ∓ decay and τ− → µ−ν̄µντ , τ− → π−π+π−ντ for
the Υ(1S)→ e±τ∓ decay comprising 28% of τ decays. To avoid potential background from
Υ(1S)→ µ+µ− (Υ(1S)→ e+e−) decays, we do not consider τ− → µ−ν̄µντ (τ− → e−ν̄eντ )
decay for the Υ(1S) → µ±τ∓ (Υ(1S) → e±τ∓) mode. Similarly, for RLFV decays we
reconstruct Υ(1S) in γe±µ∓, γµ±τ∓, and γe±τ∓ final states, where the τ is identified in
τ− → e−ν̄eντ (τ− → µ−ν̄µντ ) decay for Υ(1S) → γµ±τ∓ (Υ(1S) → γe±τ∓) study. Also,
we reconstruct Υ(1S)→ e+e− and Υ(1S)→ µ+µ− decays, which are used to validate and
calibrate the analysis. To validate the recoil Υ(1S) sample along with muon and electron
identifications, we measure the branching fractions of Υ(1S)→ e+e−, and Υ(1S)→ µ+µ−

decays. As taus are mostly reconstructed in the leptonic decays, validating lepton identifi-
cation with the high momentum leptons from Υ(1S) is also important for Υ(1S) → `±τ∓

and Υ(1S)→ γ`±τ∓ decays.
Charged tracks are required to originate from the vicinity of the interaction point (IP).

The distance of the closest approach to the IP is required to be within 3.5 cm along the
beam direction and within 1.5 cm in the transverse plane. The combined information from
the CDC, TOF, and ACC is used to identify charged pions based on the pion likelihood
ratio, Lπ = Pπ/(Pπ + PK), where Pπ and PK are likelihood values for the pion and kaon
hypotheses, respectively [13]. Pions are required to have Lπ > 0.6, which has an iden-
tification efficiency of 94%. Muon candidates are identified using a likelihood ratio, Lµ,
which is based on the difference between the range of the track calculated from the particle
momentum and that measured in the KLM. This ratio includes the value of χ2 formed
from the KLM hit locations with respect to the extrapolated track. The muon identifica-
tion efficiency for the applied selection, Lµ > 0.95, is 89%, with a pion misidentification
probability of 1.4% [14]. Identification of electrons uses an analogous likelihood ratio, Le,
based on specific ionization from the CDC, the ratio of the energy deposited in the ECL to
the momentum measured by the CDC and SVD combined, the shower shape in the ECL,
hit information from the ACC, and matching between the position of the charged track and
the ECL cluster. The electron identification efficiency for the applied selection, Le > 0.6,
is 95%, with a pion misidentification probability 0.3% [15]. To recover the bremsstrahlung
energy loss for electrons and positrons, we include the energy from the photon(s) within
50 mrad of each of the e± tracks, which improves the efficiency for true signal events by
2.7%.

For Υ(1S) → `±τ∓ decay, most of the background comes from Υ(1S) → τ+τ− and
Υ(1S)→ `±`∓ decays. To suppress events coming from Υ(2S) decays, other than Υ(2S)→
π+π−Υ(1S), we define the recoil mass of two pions as:

M recoil
ππ =

√
(Etotal − Eππ)2 − |−→p ππ|2 (3.1)

Where Etotal, Eππ, and |−→p ππ| are the total energy of the colliding e+e− beams, the energy
of the two pions from Υ(2S) and the magnitude of the 3-momentum of the pion pair,
respectively in the center-of-mass (CM) frame. The distribution of M recoil

ππ is shown in
Fig. 1. The M recoil

ππ distribution peaks at the Υ(1S) mass for signal events, while it is flat
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Figure 1. M recoil
ππ distribution for Υ(2S) data. Events within the two vertical lines are selected.

for the combinatorial background. We consider the events within 9.450 < M recoil
ππ < 9.466

GeV/c2, corresponding to a ±3σ region around the nominal Υ(1S) mass [16]. To suppress
the background from e+e−γ and µ+µ−γ, we remove the events with the cosine of the
angle between the two pions in the Υ(2S) rest frame (cos θππ) greater than 0.5. We define
the visible tau momentum (pτvis) as the sum of the momentum carried by the daughter
charged track(s) of τ in the lab frame. We select the τ candidates with pτvis > 0.3 GeV/c.
Furthermore, τ− → π−π+π−ντ is reconstructed with the invariant mass of the three-pion
lower than 1.8 GeV/c2 and energy in the lab frame greater than 2.6 GeV. These τ selections
are wide enough to account for the missing momentum from neutrinos. Also, we fit the
three-pion vertex for the τ− → π−π+π−ντ decay and events with fitted χ2 < 15 are selected
to reduce combinatorial backgrounds. We count the number of tracks identified as muons
or electrons with energy in the lab frame greater than 1 GeV as prompt muons (Nµ) and
prompt electrons (Ne), respectively. For Υ(1S) → µ±τ∓ decays, in order to reject the
background coming from the Υ(1S)→ µ+µ− decay, we select the events with Nµ = 1 and
Ne ≤ 1 (Ne = 0) for the τ− → e−ν̄eντ (τ− → π−π+π−ντ ) reconstruction mode. Similarly,
for Υ(1S) → e±τ∓ decays, we select the events with Ne = 1 and Nµ ≤ 1 (Nµ = 0) for
τ− → µ−ν̄µντ (τ− → π−π+π−ντ ) reconstruction mode. We suppress a large number of
Υ(1S)→ µ+µ− and Υ(1S)→ e+e− backgrounds by the selections of prompt leptons.

For the Υ(1S)→ e±µ∓ study, the distribution of lepton pair invariant mass (Meµ) for
π+π− recoil sample in Υ(2S) data is shown in Fig. 2. We select the events withMeµ within
9.09 to 9.65 GeV/c2 by selecting a ±3σ region around the mean position and the Υ(1S)

momentum in the lab frame (|−→p eµ|) less than 4.4 GeV/c to reduce the e+e− → qq̄ events.
After applying all the selections, we find 3% of events with multiple Υ(2S) candidates

for Υ(1S)→ e±µ∓ decay, and 4% for both of Υ(1S)→ µ±τ∓ and Υ(1S)→ e±τ∓ decays.
We performed a vertex fit with the reconstructed charged tracks of Υ(2S), and the fitted χ2

value has been used to select the best candidate among the multiple Υ(2S) candidates. Best
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Figure 2. Meµ distribution of π+π− recoil sample in Υ(2S) data. Events within two perpendicular
lines are selected for Υ(1S)→ e±µ∓ decay.

candidate selection efficiencies for Υ(1S) → e±µ∓, Υ(1S) → µ±τ∓, and Υ(1S) → e±τ∓

decays are 97%, 89%, and 91%, respectively.
For RLFV decays, there is an extra photon in the final state. Therefore, we include all

the selections which are used for the pion and lepton in the corresponding two-body CLFV
decay previously discussed. For Υ(1S)→ γe±µ∓ decay, Meµ and |−→p eµ| of Υ(1S)→ e±µ∓

decay will be replaced byMγeµ and |−→p γeµ|, respectively. In addition to the above selections
to the corresponding non-radiative mode, we select photons with energy in the lab frame
greater than 200 MeV to remove soft photons and beam backgrounds. The photons used in
the bremsstrahlung recovery are not considered in reconstructing the radiative candidates.
Inside the signal search window, we find 3%, 8%, and 7% multiple Υ(2S) candidates for
Υ(1S)→ γe±µ∓, Υ(1S)→ γµ±τ∓, and Υ(1S)→ γe±τ∓ decays, respectively. Multiplicity
due to misreconstructed charged particles is handled using a procedure similar to two-body
CLFV decays. Multiplicity occurring from the multiple photon candidates is removed by
selecting the event randomly. Best candidate selection efficiencies for Υ(1S) → γe±µ∓,
Υ(1S)→ γµ±τ∓, and Υ(1S)→ γe±τ∓ are 93%, 84%, and 87%, respectively.

To study the calibration modes, we select events with lepton pair invariant mass (M``)
within 9.09 to 9.65 GeV/c2 and momentum of the reconstructed Υ(1S) in the lab frame
(|−→p ``|) less than 4.4 GeV/c.

4 Study of Υ(1S)→ e+e−, µ+µ− decays as calibration modes

To extract the signal for Υ(1S) → `±`∓ decays, we perform an unbinned maximum like-
lihood (UML) fits to ∆M = Mππ`` −M``, where ` = e, µ. The signal probability density
function (PDF) used is a sum of two Gaussians sharing a common mean. Backgrounds from
all the sources are flat in the ∆M window and small compared to the signal yields. We fit
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Figure 3. ∆M fit for ee events (left) and µµ events (right). The dotted red curves represent
the signal PDFs and the dashed cyan lines represent the background PDFs. The solid blue curves
represent the overall fit to data.

the background with a first-order Chebyshev polynomial. To account for any resolution dif-
ference between data and MC, the mean and the width parameter of the primary Gaussian
(σ1) are floated in the fit, and the width of the secondary Gaussian is set to σ2 = k × σ1,
with the factor k fixed from MC.

Expected signal efficiencies for ee and µµ are estimated to be 28.3% and 35.6%, respec-
tively. Fig. 3 shows the fits to Υ(2S) data. The signal yields obtained for the ee and µµ final
states are 191353± 467 and 246255± 504 events, respectively. The data-MC differences of
widths for the e±e∓ and µ±µ∓ final states are estimated to be 12% and 16%, respectively.
One can calculate the branching fractions using the following relation:

B[Υ(1S)→ `±`∓] =
Nsig

NΥ(2S) × B[Υ(2S)→ π+π−Υ(1S)]× ε
(4.1)

where, NΥ(2S), Nsig and ε are the number of Υ(2S) produced in e+e− collision, signal yield
in data and the effective signal efficiency (after implementing all the systematic correc-
tions) respectively. Using Equation (4.1), the calculated branching fractions including only
statistical uncertainties for Υ(1S) → e+e− and Υ(1S) → µ+µ− are (2.40 ± 0.01) × 10−2

and (2.46 ± 0.01) × 10−2, respectively. These are consistent with the world average val-
ues [16]. These results are discussed further in the Section 8 after including the systematic
uncertainty.

5 Signal extraction for two-body CLFV decays

5.1 Υ(1S)→ e±µ∓ decay

We extract the signal yield from a UML fit to the ∆M variable. ∆M should peak at the
nominal mass difference between Υ(2S) and Υ(1S), approximately 560 MeV/c2 [16]. A sum
of two Gaussians sharing a common mean has been used as signal PDF. To estimate the
peaking background, the shape of the peaking background is used the same shape than the
signal PDF. The qq̄ backgrounds are flat, and they are modeled with a first-order Chebyshev
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Figure 4. ∆M fit to Υ(2S) data for Υ(1S)→ e±µ∓ decay. The fitted signal PDF is represented by
the filled red region, the dashed cyan line represents the flat background and the dotted magenta
curve is the peaking background from lepton misidentification. The solid blue curve represents
the overall fit to data. The long-dashed red curve represents the signal PDF corresponding to 5
hypothetical signal events.

polynomial. The width of the signal PDF in the data is fixed from MC width corrected by
the average of data-MC difference for µµ and ee samples.

A few Υ(1S) → µ+µ− (Υ(1S) → e+e−) events mimic our signal when a µ± (e±) is
misidentified as an e± (µ±). The number of Υ(1S) → τ+τ− backgrounds is estimated
to be negligible. The number of Υ(1S) → µ+µ− background events is estimated to be
3.5±0.4 using a large MC sample. Such backgrounds are difficult to remove completely. To
estimate the background from muon to electron misidentification in the data, we derive a
correction factor for electron misidentification efficiency of muons using an e+e− → µ+µ−

sample collected at
√
s = 10.52 GeV with a tag-and-probe method. The data to MC

correction factor for electron misidentification efficiency is estimated to be 2.5± 0.5, which
leads to an estimation of this peaking background yield of 8.8 ± 2.0. The background
from electron to muon misidentification is expected to be consistent with zero (0.1 ± 0.1

events). Fitted distribution of Υ(2S) data is shown in Fig. 4. To consider the peaking
background, we include a fixed PDF of 8.8 events in the data fit (dotted magenta line), and
uncertainty (2.0) will be added in systematic uncertainty. The estimated signal efficiency
for the Υ(1S)→ e±µ∓ mode is 35.2%. We finally obtain a yield of −1.3± 3.7 signal events
for the Υ(1S)→ e±µ∓ decay.

5.2 Υ(1S)→ `±τ∓ decay

For µτ and eτ decays of Υ(1S), we extract the signal from an UML fit to the recoil mass of
ππ` (M recoil

ππ` ), where ` = µ, e. M recoil
ππ` can be defined by replacing ππ with ππ` in Eq. (3.1).

As M recoil
ππ` is calculated from all the particles from the Υ(2S) except the τ , M recoil

ππ` should
peak at the nominal τ mass (around 1.78 GeV/c2) [16]. Signal events of µτ and eτ decays
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Figure 5. M recoil
ππ` fit to Υ(2S) data for the Υ(1S) → µ±τ∓ decay (top) and the Υ(1S) → e±τ∓

decay (bottom). The fitted signal PDFs are represented by the filled red regions. The dotted
magenta line represents the contribution from µµ (or ee) background and the dashed cyan line
represents the ττ background. The solid blue curves represent the overall fit to data. The long-
dashed red curves represent the signal PDFs corresponding to 20 hypothetical signal events.

are modeled with a sum of one Gaussian and one bifurcated Gaussian, sharing a common
mean. We obtain a difference of 7% (27%) for the resolution between data and MC for
M recoil
ππµ (M recoil

ππe ) using the data-MC difference for the Υ(1S) → µ+µ− (Υ(1S) → e+e−)
mode. The width of the Υ(1S) → µ±τ∓ (Υ(1S) → e±τ∓) signal PDF in the data is fixed
from the MC width corrected by the data-MC difference for theM recoil

ππµ (M recoil
ππe ) parameter.

For Υ(1S) → µ±τ∓ decays, the main backgrounds come from Υ(1S) → τ+τ− and
Υ(1S) → µ+µ− decays. For the ττ background, a charged lepton or a pion from one of
the tau decays is used as the signal muon. In the M recoil

ππµ distribution, missing neutrino
energy from the misidentified τ shifts such events away from the actual τ mass. Thus, the
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ττ background increases exponentially, starting near the nominal τ mass value. We model
the ττ background using the following exponential threshold PDF starting near Mth (in
GeV/c2),

F(M recoil
ππ` ;A,B,Mth) = exp [A(M recoil

ππ` −Mth) +B(M recoil
ππ` −Mth)2] (5.1)

where A and B are the two slope parameters of the ττ background PDF. To get the
proper shape of the ττ background PDF, we use a large Υ(1S) → τ+τ− MC sample. In
the data fit, Mth and B are fixed from the MC background, and A is allowed to float.
Fig. 5 shows the fitted distributions of data for Υ(1S) → `±τ∓ decays. The background
from Υ(1S) → µ+µ− is obtained from a large MC sample. The expected number of µµ
backgrounds is less than the number of ττ backgrounds, but it widely populates around the
signal region: it peaks around 0.6 GeV/c2 and has a broad tail. The PDF is presented by
a sum of one bifurcated Gaussian and one threshold function starting from 0 GeV/c2 using
a large Υ(1S) → µ+µ− sample. To fit the data, we float the yield of the µµ background
fixing the shape of the Gaussian of µµ background from MC corrected by the data-MC
difference for the M recoil

ππµ parameter.
For Υ(1S) → e±τ∓ decays, potential backgrounds arise from Υ(1S) → τ+τ− and

Υ(1S) → e+e− decays. These backgrounds are handled using a procedure similar to that
used for the ττ and µµ backgrounds to Υ(1S)→ µ±τ∓ decays.

The expected peaking backgrounds in the Υ(2S) data for Υ(1S)→ µ±τ∓ and Υ(1S)→
e±τ∓ decays are estimated from MC to be 0.7 ± 4.1 and 4.6 ± 5.4, respectively. As no
significant peaking background is found in the Υ(2S) decay MC sample, we do not include
a peaking background component in the fit. Considering both the τ reconstruction modes,
the effective signal efficiency for Υ(1S)→ µ±τ∓ (Υ(1S)→ e±τ∓) decay is 9.4% (7.7%). In
Υ(2S) data, we find the yield of Υ(1S)→ µ±τ∓ and Υ(1S)→ e±τ∓ signals to be −1.5±4.3

and −3.5± 2.7, respectively. Hence, there is no evidence for Υ(1S)→ `±τ∓ transitions.

6 Signal extraction for RLFV decays

6.1 Υ(1S)→ γe±µ∓ decay

Our RLFV signal extraction procedure is very similar to that used for the corresponding
non-radiative transition. We perform an UML fit to the mass difference ∆M = Mππγeµ −
Mγeµ. The signal PDF used is a sum of two Gaussians sharing a common mean. To
estimate the peaking background from leptonic decays of the Υ(1S), we use the same shape
than the signal PDF as the shape of the background PDF and a large Υ(1S)→ `±`∓ MC
sample is used to have a more precise estimation. Other backgrounds are flat on the ∆M

window and modeled with a first-order Chebyshev polynomial. Fig. 6 shows the ∆M fit for
Υ(2S) data. To fit the data, we fix the width of the signal PDF from the MC signal width
corrected by the average of data-MC difference for Υ(1S) → e+e− and Υ(1S) → µ+µ−

modes. The yield of peaking background is estimated to be 0.1± 0.1. The signal efficiency
for γeµ decay is 24.6%. From the Υ(2S) data fit, the signal yield for the Υ(1S)→ γe±µ∓

decay is estimated to be 0.8± 1.5.
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Figure 6. ∆M fit to Υ(2S) data for the Υ(1S) → γe±µ∓ decay. The fitted signal PDF is
represented by the filled red region and the dashed cyan line represents the background. The solid
blue curve represents the overall fit to data. The long-dashed red curve represents the signal PDF
corresponding to 5 hypothetical signal events.

6.2 Υ(1S)→ γ`±τ∓ decay

To extract the signal for γµτ and γeτ decays, we define the recoil mass of ππγ` (M recoil
ππ`γ )

using Eq. (3.1). We perform a UML fit to M recoil
ππ`γ to extract the signal yield and estimate

efficiency. For signal events, M recoil
ππ`γ should peak at the nominal τ mass. A Gaussian and

a bifurcated Gaussian sum sharing a common mean is used to model the signal events for
Υ(1S)→ γ`±τ∓ decays.

For both of the Υ(1S) → γ`±τ∓ decays, the dominant background comes from ττ

decays and hadronic decays of the Υ(1S). The ττ background is treated using an approach
similar to that for the Υ(1S) → µ±τ∓ decay, with the background shape as described by
the Eq. (5.1). Also, we find some background from the radiative hadronic decays of Υ(1S).
We fit hadronic and all other backgrounds with an exponential PDF. The expected yield
of peaking background events for Υ(1S) → γµ±τ∓ decay is estimated to be consistent
with zero (1.8± 5.1). Similarly, the expected yield for Υ(1S)→ γe±τ∓ decay is estimated
to be −7.9 ± 7.4. To fit the data, we fix all the parameters of the background PDF
(including the shape of the exponential PDF and fraction of ττ background) from MC
except the A parameter of the ττ PDF. The fractions of ττ PDF for Υ(1S) → γµ±τ∓

and Υ(1S)→ γe±τ∓ decays are 58% and 86%, respectively. The width of the signal PDF
for Υ(1S) → γµ±τ∓ (Υ(1S) → γe±τ∓) decay in the data is fixed from MC signal width
corrected by the data-MC difference for the M recoil

ππµ (M recoil
ππe ) parameter. In Fig. 7, we show

the M recoil
ππ`γ fits to Υ(2S) data. The effective signal efficiency for γµτ (γeτ) decay is 5.8%

(5.0%). The fitted signal yield for Υ(1S)→ γµ±τ∓ decays in the Υ(2S) data is estimated
to be 2.1 ± 5.9. Similarly, the signal yield for Υ(1S) → γe±τ∓ decay is obtained to be
−9.5± 6.3. Hence, there is no evidence for Υ(1S)→ γ`±τ∓ transitions.

– 10 –



1 2 3 4

)2 (GeV/cγµππ

recoil
M

0

2

4

6

8

10

12

14

16

18

)
2

E
v
e
n
ts

/ 
(0

.1
 G

e
V

/c

1 2 3 4

)2 (GeV/cγ eππ

recoilM

0

5

10

15

20

)
2

E
v
e
n
ts

/ 
(0

.1
 G

e
V

/c

Figure 7. M recoil
ππ`γ fit to Υ(2S) data for the Υ(1S)→ γµ±τ∓ decay (top) and the Υ(1S)→ γe±τ∓

decay (bottom). The fitted signal PDFs are represented by the filled red regions and the dashed cyan
lines represent the total background. The solid blue curves represent the overall fit to data. The
long-dashed red curves represent the signal PDFs corresponding to 20 hypothetical signal events.

7 Systematic uncertainty and correction

We calculate the systematic uncertainty from various sources such as the number of Υ(2S),
track reconstruction, photon reconstruction, identification of pions from Υ(2S), lepton iden-
tification, uncertainty in signal efficiency, secondary branching fraction, and the fitting
model.

The uncertainty on the number of Υ(2S) events was determined from a study of
hadronic decays to be 2.3% [17]. Reconstruction efficiency of charged particle tracks are
studied using a partially reconstructed D∗+ → D0[K0

S(π+π−)π+π−]π+ decay sample with
pT > 200 MeV/c. Systematic uncertainty per track is estimated to be 0.35%. Due to cor-
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Source
Systematic uncertainty(%)

Seµ Sµτ Seτ Sγeµ Sγµτ Sγeτ See Sµµ
Number of Υ(2S) 2.3 2.3 2.3 2.3 2.3 2.3 2.3 2.3
Track reconstruction 1.4 1.5 1.5 1.4 1.4 1.4 1.4 1.4
Photon reconstruction - - - 2.0 2.0 2.0 - -
Reconstruction of π+π− from Υ(2S) 1.9 1.9 1.9 1.9 1.9 1.9 1.9 1.9
1st lepton identification 1.6 1.1 1.5 1.7 2.0 1.7 1.7 1.2
2nd lepton identification 1.1 1.8 1.7 2.0 1.9 1.8 1.7 1.2
MC statistics 0.2 0.3 0.6 0.3 0.4 0.4 0.4 0.3
Secondary branching fractions 1.5 1.5 1.5 1.5 1.5 1.5 1.5 1.5
Fitting model 0.1 1.5 0.9 0.1 0.8 1.5 0.1 0.0
Total 4.1 4.5 4.4 4.9 5.1 5.1 5.0 4.4

Table 1. Summary of the systematic uncertainties for the measurement of branching fractions of
the Υ(1S) → e±µ∓ (Seµ), Υ(1S) → µ±τ∓ (Sµτ ), Υ(1S) → e±τ∓ (Seτ ), Υ(1S) → γe±µ∓ (Sγeµ),
Υ(1S)→ γµ±τ∓ (Sγµτ ), Υ(1S)→ γe±τ∓ (Sγeτ ), Υ(1S)→ e+e− (See), and Υ(1S)→ µ+µ− (Sµµ)
decays.

relation, uncertainties in charged track finding are added linearly. The efficiency of photon
reconstruction is estimated with radiative Bhabha events, and the associated uncertainty
is 2.0% [18].

Uncertainty from pion identification in Υ(2S)→ π+π−Υ(1S) reconstruction may affect
our results. In order to estimate it, we use the results of a dedicated study based on the
D∗+ → D0(K−π+)π+ decay. A correction for the difference in efficiency (between data
and signal MC) is obtained from the same source. This correction is used to correct the
efficiency, and its uncertainty is included as the systematic uncertainty due to pion identifi-
cation. For all the decays, the efficiency correction factor and systematic uncertainty from
pion pair reconstruction are estimated to be 1.00 and 1.9%, respectively. For the electron
identification with Le > 0.6 and the muon identification with Lµ > 0.95, systematic errors
are calculated from the comparison between data and MC for 2γ → ee/µµ decays. We cal-
culate an efficiency correction factor and systematic uncertainty for all of the electrons and
muons using the same approach. For τ− → π−π+π−ντ decay, the systematic uncertainty
due to pion identification is estimated using the D∗+-based method described above. The
efficiency correction factors and the systematic uncertainties associated with the leptons
range from 0.89 to 1.00 and from 1.1% to 2.0%, respectively.

Due to the limited number of generated MC signal events, there is an uncertainty in the
fitted number of signal events as well as in the signal efficiency (ε), and the corresponding
uncertainty is included in the systematic uncertainty.

To obtain the final results, previously measured branching fractions of Υ(2S)→ π+π−Υ(1S),
τ− → µ−ν̄µντ , τ− → e−ν̄eντ , and τ− → π−π+π−ντ are used [16]. The uncertainties in the
world average secondary branching ratios are included as systematic uncertainties.

We fix some parameters (such as the mean, width, and fractions of the two Gaussians) of
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the signal PDF while fitting the data. The associated systematic uncertainties are estimated
by varying each of the fixed parameters by ±1σ from their central values and repeating the
fit. For Υ(1S) → e+e− and Υ(1S) → µ+µ− decays, these PDF systematic uncertainties
are estimated to be 0.08% and 0.04%, respectively. In the absence of significant signal
events for the CLFV modes, we take the average value of the control modes (0.06%) as
the systematic uncertainty from the signal PDF for each of the CLFV modes. Similarly,
the systematic uncertainty from the background PDF for Υ(1S)→ µ±τ∓, Υ(1S)→ e±τ∓,
Υ(1S) → γµ±τ∓, and Υ(1S) → γe±τ∓ are estimated to be 1.4%, 0.8%, 0.7%, and 1.4%,
respectively. No parameters were fixed to estimate the background for Υ(1S) → e±µ∓,
Υ(1S) → γe±µ∓, Υ(1S) → e+e−, and Υ(1S) → µ+µ− modes. Therefore, for the above
decays, the systematic uncertainty from the background PDF is obtained to be zero. Due
to correlation, systematic uncertainties from signal PDF and background PDF are added
linearly. Table 1 summarizes the systematic uncertainties from various sources for all the
modes. Systematic uncertainties from the different sources are added in quadrature in
order to get the total systematic uncertainty for a particular signal mode. The systematic
uncertainty due to the uncertainty in the peaking background for Υ(1S)→ e±µ∓ (8.8±2.0)
is directly included in the estimated upper limit of branching fraction. For other modes,
the effect of possible peaking background lowers the upper limit, and we do not consider it
to report conservative upper limits.

8 Results

Using equation (4.1), the branching fractions are calculated as B[Υ(1S)→ e+e−] = (2.40±
0.01(stat)± 0.12(syst))× 10−2 and B[Υ(1S)→ µ+µ−] = (2.46± 0.01(stat)± 0.11(syst))×
10−2 which agree within ±1σ with world average values [16]. All of the results for the
branching fractions of CLFV modes are dominated by statistical uncertainty. In the absence
of significant signal, we estimate the upper limits (UL) of the branching fractions with
a frequentist approach [19]. One can calculate the UL of branching fractions using the
following relation:

B[Υ(1S)→ `±`′∓] <
NUL

sig

NΥ(2S) × B[Υ(2S)→ π+π−Υ(1S)]× ε
(8.1)

where NUL
sig is the UL on the signal yield after including systematic uncertainty. We per-

form 5000 pseudo-experiments by generating the fixed background from the final PDF and
varying the yield of the input signal within 1 to 20. We use the corresponding PDF that
has been used to fit Υ(2S) data for generating the data sets for pseudo-experiments. The
fraction of pseudo-experiments with a fitted yield greater than the estimated signal yield
in data has been taken as the confidence level (CL). Systematic uncertainties of the CLFV
modes are included by smearing the yield of the pseudo-experiments within the fluctua-
tions. For Υ(1S) → e±µ∓ decay, the fitted signal yields of pseudo-experiments have been
smeared within the corresponding uncertainty of peaking background to include the asso-
ciated systematic uncertainty.
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Decay ε (%) Nfit
sig NUL

sig BUL PDG result
Υ(1S)→ e±µ∓ 35.2 −1.3± 3.7 3.6 3.6× 10−7 −
Υ(1S)→ µ±τ∓ 9.4 −1.5± 4.3 6.8 2.6× 10−6 6.0× 10−6

Υ(1S)→ e±τ∓ 7.7 −3.5± 2.7 5.3 2.4× 10−6 −
Υ(1S)→ γe±µ∓ 24.6 +0.8± 1.5 2.9 4.2× 10−7 −
Υ(1S)→ γµ±τ∓ 5.8 +2.1± 5.9 10.0 6.1× 10−6 −
Υ(1S)→ γe±τ∓ 5.0 −9.5± 6.3 9.1 6.5× 10−6 −

Table 2. Results for the CLFV in the Υ(1S) decays. Here Nfit
sig is the fitted signal yield. NUL

sig and
BUL

sig are the upper limits of signal yield and branching fraction at 90% CL.

For eµ, µτ , and eτ decays, the central values of signal yields are obtained as −1.3, −1.4,
and −3.5, respectively. Hence, these signal yields can be considered to be null. The fraction
of pseudo-experiments with any positive yield has been used to estimate the 90% CL upper
limits. Considering the number of Υ(2S) as 157.8 million and B[Υ(2S)→ π+π−Υ(1S)] as
(17.85 ± 0.26)%, we calculate the ULs of branching fractions (BUL) by substituting NUL

sig

in Eq. (8.1). The estimated ULs for Υ(1S)→ e±µ∓, Υ(1S)→ µ±τ∓, and Υ(1S)→ e±τ∓

at 90% CL are 3.6 × 10−7, 2.6 × 10−6, and 2.4 × 10−6 respectively. We summarize these
results in Table 2.

For γeµ and γµτ decays, the central values of signal yields are estimated to be 0.8
and 2.1, respectively. The estimated signal yield for Υ(1S) → γe±τ∓ decay is −9.5. The
fraction of pseudo-experiments with a signal yield greater than 0.8 (2.1) has been taken as
the CL for γeµ (γµτ) decay. For γeτ decay, we treat the fraction of pseudo-experiments
with a positive signal yield as the CL. Table 2 summarizes the NUL

sig for RLFV modes at
the 90% CL. Using NUL

sig in Eq. (8.1), the ULs of branching fractions for Υ(1S)→ γe±µ∓,
Υ(1S) → γµ±τ∓, and Υ(1S) → γe±τ∓ are estimated to be 4.2 × 10−7, 6.1 × 10−6, and
6.5× 10−6, respectively.

9 Summary

In this paper, we report the searches for charged lepton-flavor-violation in Υ(1S)→ `±`′∓

decays and radiative lepton-flavor-violation in Υ(1S) → γ`±`′∓ decays conducted at the
Belle experiment, where `, `′ = e, µ, τ . The searches are based on the 28 million π+π−Υ(1S)

decays produced from 25 fb−1 of e+e− collisions collected at the Υ(2S) resonance. We
study the sources of possible background using a large Υ(2S) MC sample. To validate the
signal extraction procedure we measure the branching fractions for Υ(1S) → e+e− and
Υ(1S)→ µ+µ− modes and find B[Υ(1S)→ e+e−] = (2.40±0.01(stat)±0.12(syst))×10−2

and B[Υ(1S)→ µ+µ−] = (2.46±0.01(stat)±0.11(syst))×10−2, respectively. In the absence
of signal, we set upper limits on the branching fractions of the CLFV decays at the 90%
CL. The result for the Υ(1S)→ µ±τ∓ decay is 2.3 times more stringent than the previous
result from the CLEO collaboration [7], while the remaining modes are searched for the
first time.
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