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Abstract

The discovery of the baryonic states P+
c (4380) and P+

c (4450) by the LHCb collaboration in the process pp → bb̄ →
Λ0
bX, followed by the decay Λ0

b → J/ψ p K− has evoked a lot of theoretical interest. These states have the minimal

quark content cc̄uud, as suggested by their discovery mode J/ψ p, and the preferred JP assignments are 5
2

+
for

the P+
c (4450) and 3

2

−
for the P+

c (4380). In the compact pentaquark hypothesis, in which they are interpreted

as hidden charm diquark-diquark-antiquark baryons, the assigned spin and angular momentum quantum numbers

are P+
c (4380) = {c̄[cu]s=1[ud]s=1;LP = 0, JP = 3

2

−} and P+
c (4450) = {c̄[cu]s=1[ud]s=0;LP = 1, JP = 5

2

+}. The

subscripts denote the spin of the diquarks and LP = 0, 1 are the orbital angular momentum quantum numbers of the

pentaquarks. We point out that in the heavy quark limit, the spin of the light diquark in heavy baryons becomes a

good quantum number, which has consequences for the decay Λ0
b → J/ψ p K−. With the quantum numbers assigned

above for the two pentaquarks, this would allow only the higher mass pentaquark state P+
c (4450) having [ud]s=0 to

be produced in Λ0
b decays, whereas the lower mass state P+

c (4380) having [ud]s=1 is disfavored, requiring a different

interpretation. Pentaquark spectrum is rich enough to accommodate a JP = 3
2

−
state, which has the correct light

diquark spin {c̄[cu]s=1[ud]s=0;LP = 0, JP = 3
2

−} to be produced in Λ0
b decays. Assuming that the mass difference

between the charmed pentaquarks which differ in the orbital angular momentum L by one unit is similar to the

corresponding mass difference in the charmed baryons, m[Λ+
c (2625); JP = 3

2

−
]−m[Λ+

c (2286); JP = 1
2

+
] ' 341 MeV,

we estimate the mass of the lower pentaquark JP = 3/2− state to be about 4110 MeV and suggest to reanalyze

the LHCb data to search for this third state. Extending these considerations to the pentaquark states having a cc̄

pair and three light quarks (u, d, s) in their Fock space, we present the spectroscopy of the S- and P -wave states

in an effective Hamiltonian approach. Some of these pentaquarks can be produced in weak decays of the b-baryons.

Combining heavy quark symmetry and the SU(3)F symmetry results in strikingly simple relations among the decay

amplitudes which are presented here.
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I. INTRODUCTION

The discovery of the charmonium-like resonance X(3872) in B-meson decays B → X(3872) K, followed by the decay

X(3872)→ J/ψπ+π−, reported by the Belle collaboration in 2003 [1], subsequently confirmed by the D0 [2], CDF [3]

and Babar Collaborations [4], has proved to be the harbinger of a new quarkonium-like spectroscopy. Since then, well

over two dozen such hidden cc̄ states, both neutral and charged, have been reported. Very recently, observation of

four structures in the J/ψφ mass spectrum in the decays B+ → J/ψ φ K+ have been reported by LHCb, yielding

two JP = 1+ states, X(4140) and X(4274), and two JP = 0+ states X(4500) and X(4700) [5]. So far, three states

Yb(10890) [6], Z±b (10610) and Z±b (10650) [7] have also been discovered having a bb̄ pair in their valence compositions.

All these hadrons are distinct by the presence of a cc̄ (or a bb̄) quark pair in addition to light degrees of freedom

(a light qq̄ pair or gluons) in their Fock space. Collectively called the X,Y, Z states, they have prompted a lot of

theoretical interest in their interpretations [8] - [20]. In 2015, LHCb reported the first observation of two hidden

charm pentaquark states P+
c (4380) and P+

c (4450) in the decay Λ0
b → J/ψ p K− [21], having the masses 4380±8±29

MeV and 4449.8± 1.7± 2.5 MeV, and widths 205± 18± 86 MeV and 39± 5± 19 MeV, with the preferred spin-parity

assignments JP = 3
2

−
and JP = 5

2

+
, respectively. These states have the quark composition cc̄uud, and like their

tetraquark counterparts X,Y, Z, they lie close in mass to several (charm meson-baryon) thresholds. This has led to

a number of theoretical proposals for their interpretation, which include rescattering-induced kinematical effects [22],

open charm-baryon and charm-meson bound states [23], and baryocharmonia [24]. They have also been interpreted

as compact pentaquark hadrons with the internal structure organized as diquark-diquark-anti-charm quark [25, 26]

or as diquark-triquark [27, 28].

In this work we follow the compact pentaquark interpretation. The basic idea is that highly correlated diquarks

play a key role in the physics of multiquark states [8, 29, 30]. Since quarks transform as a triplet 3 of color SU(3), the

diquarks resulting from the direct product 3⊗ 3 = 3̄⊕ 6, are thus either a color anti-triplet 3̄ or a color sextet 6. Of

these only the color 3̄ configuration is kept, as suggested by perturbative arguments. Both spin-1 and spin-0 diquarks

are, however, allowed. In the case of a diquark [qq′] consisting of two light quarks, the spin-0 diquarks are believed

to be more tightly bound than the spin-1, and this hyperfine splitting has implications for the spectroscopy. For the

heavy-light diquarks, such as [cq] or [bq], this splitting is suppressed by 1/mc for a [cq] or by 1/mb for a [bq] diquark,

and hence both spin-configurations are treated at par. For the pentaquarks, the mass spectrum will depend upon how

the five quarks, i.e., the 4 quarks and an antiquark, are dynamically structured. A diquark-triquark picture, in which

the two observed pentaquarks consist of a rapidly separating pair of a color-3̄ [cu] diquark and a color-3 triquark

θ̄ = c̄[ud], has been presented in [27]. A “Cornell”-type non-relativistic linear-plus-coulomb potential [31] is used to

determine the diquark-triquark separation R and the ensuing phenomenology is worked out.

We prefer to keep the basic building blocks of the pentaquarks to be quarks and diquarks, and follow here the

template in which the 5q baryons, such as the two Pc states, are assumed to be four quarks, consisting of two highly

correlated diquark pairs, and an antiquark. For the present discussion, it is an anti-charm quark c̄ which is correlated

with the two diquarks [cq] and [q′q′′], where q, q′, q′′ can be u or d. The tetraquark formed by the diquark-diquark

([cq]3̄[q
′q′′]3̄) is a color-triplet object, following from 3̄× 3̄ = 6̄ + 3, with orbital and spin quantum numbers, denoted

by LQQ and SQQ, which combines with the color-anti-triplet 3̄ of the c̄ to form an overall color-singlet pentaquark,

with the corresponding quantum numbers LP and SP . This is shown schematically in Fig. 1.

An effective Hamiltonian based on this picture is constructed, extending the underlying tetraquark Hamiltonian

developed for the X,Y, Z states [8]. We explain how the various input parameters in this Hamiltonian are determined.

Subsequently, we work out the mass spectrum of the low-lying S- and P -wave pentaquark states, with a cc̄ and three
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FIG. 1: SU(3)-color quantum numbers of the diquarks, tetraquark and antiquark are indicated, together with the orbital and

spin quantum numbers of the tetraquark and pentaquark [32]

.

light quarks (u, d, s) in their Fock space.

The pentaquark states reported by the LHCb are produced in Λ0
b decays, Λ0

b → P+ K−, where P denotes a

generic pentaquark state, a symbol we use subsequently in this work. We take a closer look at the dynamics of Λb

decays. In particular, we point out that QCD has a symmetry in the heavy quark limit, i.e., for mb � ΛQCD,

b-quark becomes a static quark and the light diquark spin becomes a good quantum number, constraining the

states which can otherwise be produced in b-baryon decays. The consequences of heavy quark symmetry are well

known, starting from the early uses in the decays of the heavy mesons (B,B∗ etc.) [33, 34], for the heavy me-

son spectroscopy [35], and in heavy baryon decays [36–38]. The extent to which heavy quark symmetry holds

can be judged from the data on the semileptonic decays Λ0
b → Λ+

c `
−ν̄`, which is a jP = 0+ → jP = 0+

transition, for which a branching ratio B(Λ0
b → Λ+

c `
−ν̄`) = (6.2+1.4

−1.2)% is listed in the PDG [39]. The cor-

responding decay Λ0
b → Σ+

c `
−ν̄`, involving a jP = 0+ → jP = 1+ transition, is non-existent. The decays

Λ0
b → Σ(2455)0π+`−ν̄` and Λ0

b → Σ(2455)++π−`−ν̄`, facilitating an 0+ → 1+ transition, are highly suppressed,

(1/2Γ(Λ0
b → Σ(2455)0π+`−ν̄`) + 1/2Γ(Λ0

b → Σ(2455)++π−`−ν̄`)/Γ(Λ0
b → Λ+

c `
−ν̄`) = 0.054±0.022+0.021

−0.018 [39]. For the

non-leptonic decays, one finds, for example, B(Λ0
b → Σ0

c(2455)π+π−)/B(Λ0
b → Λ+

c π
−) ' 0.1, indicating an order of

magnitude suppression of the jP = 0+ → jP = 1+ transition. Whether the heavy quark symmetry holds in b-baryon

decays to pentaquarks is, of course, a dynamical question and we currently lack data to test it, but it is worthwhile

to work out its implications for the interpretation of the LHCb data and the pentaquark phenomenology, in general.

In the pioneering work by Maiani et al. [25] on the pentaquark interpretation of the LHCb data on Λ0
b →

J/ψ p K− decay, heavy quark symmetry is not invoked. The assigned internal quantum numbers are: P+
c (4450) =

{c̄[cu]s=1[ud]s=0;LP = 1, JP = 5
2

+} and P+
c (4380) = {c̄[cu]s=1[ud]s=1;LP = 0, JP = 3

2

−}. Taking into account the

mass differences due to the orbital angular momentum and the light diquark spins, the observed mass difference

between the two P+
c states of about 70 MeV is reproduced. The crucial assumption is that the two diagrams for

the decay Λ0
b → J/ψ p K− in Fig. 1 in [25], in which the ud-spin in Λ0

b goes over to the [ud]-diquark spin in the

pentaquark, Fig. 1(A), and the one in which the ud-spin is shared among the final state pentaquark and a meson,

generating a light diquark [ud] having spin-0 and spin-1, Fig. 1(B), are treated at par. This, as we discussed in the

previous paragraph, is at variance with the data on b→ c baryonic decays, and also with the heavy quark symmetry.

We argue here that the b-baryon decays to pentaquarks having a cc̄ component are also subject to the selection rules

following from the heavy quark symmetry. In particular, this implies a dynamical suppression of Fig. 1(B) in [25].
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FIG. 2: The SU(3)F flavor multiplets of the ground-state bottom baryons. The JP = 1
2

+
triplet (with the light-quark spin

jP = 0+) is shown on the left, and the JP = 1
2

+
sextet (with the light-quark spin jp = 1+) is shown on the right. The isospin

I and strangeness S of each b-baryon state are specified (taken from [40]).

With this additional symmetry as a diagnostic tool, we analyze the two observed pentaquark states in Λ0
b decays and

find that only the higher mass sate P+
c (4450) = {c̄[cu]s=1[ud]s=0;LP = 1, JP = 5

2

+} is allowed to be produced in Λ0
b

decays, but the lower-mass state P+
c (4380) = {c̄[cu]s=1[ud]s=1;LP = 0, JP = 3

2

−}, in which the spin-0 (ud) diquark in

Λ0
b is broken, is disfavored in this limit. Interestingly, the fractions of the total sample in the decay Λ0

b → J/ψ p K−

due to P+
c (4380) and P+

c (4450) are reported by the LHCb [21] as (8.4±0.7±4.2)% and (4.1±0.75±1.1)%, respectively.

Thus, another theoretical interpretation may be required to accommodate the state P+
c (4380) in the LHCb data.

Spectrum of the multiquark states is, however, rich, as also presented here for the S- and P -wave pentaquark states

having a hidden cc̄ pair and three light (u, d, s) quarks. We find that there indeed is a lower-mass JP = 3
2

−
pentaquark

state with the quantum numbers {c̄[cu]s=1[ud]s=0;LP = 0, JP = 3
2

−} present in the spectrum, which has the correct

light diquark spin to be produced in the decay Λ0
b → J/ψ p K−, compatible with the heavy quark symmetry. Assuming

that the mass difference in the charmed pentaquarks differing by the orbital angular momentum ∆L = 1 is similar

to the corresponding mass difference in the charmed baryons, m[Λ+
c (2625); JP = 3

2

−
]−m[Λ+

c (2286); JP = 1
2

+
] ' 341

MeV, we predict the mass of the lower pentaquark state to be about 4110 MeV. Estimates based on the parameters

of the cc̄ tetraquarks in an effective Hamiltonian approach, which we detail in this paper, yield a nominally larger but

compatible value for the mass of this state, around 4130 MeV. We suggest to search for the lower mass P+
c (JP = 3

2

−
)

state decaying into J/ψ p in the LHCb data on Λ0
b → J/ψ pK−. A renewed fit of the LHCb data by allowing a third

resonance is called for.

In addition to the Λ0
b = (udb), which is the lightest of the b-baryons in which the light quark pair ub has jP = 0+,

there are two others in this SU(3)F triplet with strangeness S = −1, Ξ0
b(5792) = (usb), having isospin I = I3 = 1/2

and Ξ−b (5794) = (dsb), having isospin I = −I3 = 1/2. Likewise, there are six b-baryons with the light quark pair

having jP = 1+, with S = 0 (Σ−b = (ddb), Σ0
b = (udb), Σ+

b = (uub)), S = −1 (Ξ′b = (dsb), Ξ′0b = (usb)), and one with

S = −2 (Ω−b = (ssb).) These bottom baryon multiplets are shown in Fig. 2.

Weak decays of some of these b-baryons are expected to produce pentaquark states with a hidden cc̄ pair and

three light quarks, which form baryons present in the octet and decuplet representations of SU(3)F . The observed

pentaquarks P+
c (4450) and the one being proposed here P+

c (4110) belong to the SU(3)F octet. Examples of the

bottom-strange b-baryon respecting ∆I = 0, ∆S = −1 are [25]:

Ω−b → K−(J/ψ Ξ0), K0(J/ψ Ξ−),

which correspond to the formation of the pentaquarks in the SU(3)F decuplet representation with the spin con-
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figuration P10(c̄ [cu]s=0,1 [ss]s=1). Thus, while calculating the decay amplitudes of these transitions is a formidable

challenge, SU(3)F symmetry can be used to relate various decays. This was already pointed out by Maiani et al. [25],

and these relations have been worked out in great detail subsequently [41, 42]. They provide a very useful guide

for the future pentaquark searches. We point out that imposing the heavy quark symmetry brings clarity in this

analysis, reducing the number of unknown matrix elements and providing a better understanding of why some topo-

logical diagrams are disfavored. In addition, as already pointed out, heavy quark symmetry reduces the number of

pentaquark states which can be reached in b-baryon decays. We revisit the decays of the b-baryons to pentaquarks

and pseudoscalar mesons, which were considered in [41, 42] without this symmetry constraint.

This paper is organized as follows. In section II, we give the effective Hamiltonian used to work out the pentaquark

mass spectrum and specify the values of the various input parameters. Section III contains our predictions for the

pentaquark masses having the quark flavors c̄[cq][q′q′′], with q, q′, q′′ = u, d, s, assuming isospin symmetry. In section

IV, we discuss decays of the b-baryons into pentaquarks, obeying the heavy quark symmetry, which is followed by the

SU(3)F relations among b-baryon decays and their numerical evaluation in section V. We conclude in section VI.

II. PENTAQUARK SPECTRUM IN AN EFFECTIVE HAMILTONIAN FRAMEWORK

We calculate the mass spectrum of the pentaquarks by assuming that the underlying structure is given by c̄[cq][q′q′′],

extending the effective Hamiltonian proposed for the tetraquark spectroscopy by Maiani et al. [43]. The resulting

Hamiltonian for pentaquarks is described in terms of the constituent diquarks masses, m[cq], m[q′q′′], the spin-spin

interactions between the quarks in each diquark shell, and the spin-orbit and orbital angular momentum of the

tetraquarks. To this are added the charm quark mass mc, the spin-orbit and the orbital terms of the pentaquarks.

Thus, in this picture, there are two flux tubes, with the first stretched between the the two diquarks and the second

between the tetraquark and the charm antiquark, with each string having its L quantum number.

H = H[QQ′] +Hc̄[QQ′] +HSPLP +HLPLP , (1)

where the diquarks [cq] and [q′q′′] are denoted by Q and Q′ having masses mQ and mQ′ , respectively. LP and SP are

the orbital angular momentum and the spin of the pentaquark state, and the quantities AP and BP , defined below,

parametrize the strength of their spin-orbit and orbital angular momentum couplings, respectively. The individual

terms in the Hamiltonian (1) are

H[QQ′] = mQ +mQ′ +HSS(QQ′) +HSL(QQ′) +HLL(QQ′), HSPLP = 2AP(SP · LP), HLPLP = BP
LP(LP+1)

2 , (2)

and the other terms are

HSS(QQ′) = 2(Kcq)3̄(Sc · Sq) + 2(Kq′q′′)3̄(Sq′ · Sq′′), (3)

Hc̄[QQ′] = mc + 2Kc̄c(Sc̄ · Sc) + 2Kc̄q(Sc̄ · Sq) + 2Kc̄q′(Sc̄ · Sq′) + 2Kc̄q′′(Sc̄ · Sq′′), (4)

where (Kcq)3̄ and (Kq′q′′)3̄ are the couplings corresponding to spin-spin interactions between the quarks inside the

diquarks. Finally, the spin and orbital angular momentum couplings of the tetraquark are

HSL(QQ′) = 2AQQ′SQQ′ · LQQ′ , HLL = BQQ′
LQQ′(LQQ′ + 1)

2
. (5)

In the earlier model proposed by Maiani et al. [8], in addition to the coupling between quarks inside the diquark, the

couplings between the quarks of the two diquarks were also included. This extends the HSS(QQ′) part given above

5



by including four additional spin-spin terms,

HSS(QQ′) = 2(Kcq)3̄(Sc·Sq)+2(Kq′q′′)3̄(Sq′ ·Sq′′)+2(Kcq′)3̄(Sc·Sq′)+2(Kcq′′)3̄(Sc·Sq′′)+2(Kqq′)3̄(Sq·Sq′)+2(Kqq′′)3̄(Sq·Sq′′).
(6)

This then accounts for all possible spin-spin interactions; we have taken all the couplings to be positive.

The mass formula for the pentaquark state with the ground state tetraquark (LQQ′ = 0) can be written as

M = M0 +
BP
2
LP(LP + 1) + 2AP

JP(JP + 1)− LP(LP + 1)− SP(SP + 1)

2
+ ∆M (7)

where M0 = mQ + mQ′ + mc and ∆M is the mass term that arises from different spin-spin interactions. With the

tetraquark in LQQ′ = 1, one has to add the two terms given above with their coefficients AQQ′ and BQQ′ . In this

work, we restrict ourselves to the S-wave tetraquarks.

For LP = 0, we have classified the states in terms of the diquarks spins, SQ and SQ′ ; the spin of anti-charm quark

is Sc̄ = 1/2. There are four S-wave pentaquark states for JP = 3
2

−
and a single state with JP = 5

2

−
. For JP = 3

2

−
,

we have the following states1:

|0Q, 1Q′ ,
1

2 c̄
;

3

2
〉1 =

1√
2

[(↑)c (↓)q − (↓)c (↑)q] (↑)q′ (↑)q′′ (↑)c̄

|1Q, 0Q′ ,
1

2 c̄
;

3

2
〉2 =

1√
2

[(↑)q′ (↓)q′′ − (↓)q′ (↑)q′′ ] (↑)c (↑)q (↑)c̄

|1Q, 1Q′ ,
1

2 c̄
;

3

2
〉3 =

1√
6

(↑)c (↑)q {2 (↑)q′ (↑)q′′ (↓)c̄ − [(↑)q′ (↓)q′′ + (↓)q′ (↑)q′′ ] (↑)c̄}

|1Q, 1Q′ ,
1

2 c̄
;

3

2
〉4 =

√
3

10
[(↑)c (↓)q + (↓)c (↑)q] (↑)q′ (↑)q′′ (↑)c̄ −

√
2

15
(↑)c (↑)q {(↑)q′ (↑)q′′ (↓)c̄

+[(↑)q′ (↓)q′′ + (↓)q′ (↑)q′′ ] (↑)c̄}, (8)

and the spin representation corresponding to JP = 5
2

−
state is2

|1Q, 1Q′ ,
1

2 c̄
;

5

2
〉 = (↑)c (↑)q (↑)q′ (↑)q′′ (↑)c̄ . (9)

Using the basis vector defined in Eq. (8), the corresponding mass splitting matrix ∆M may be obtained as

∆M =


m11 m12 m13 m14

m21 m22 m23 m24

m31 m32 m33 m34

m41 m42 m43 m44

 . (10)

1 For a similar classification in the diquark-triquark picture, see[28].
2 In the following, we shall suppress the 1

2 c̄
quantum number, as it is the same for all the states discussed here.
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TABLE I: S (P )- wave pentaquark states PXi (PYi) and their spin- and orbital angular momentum quantum numbers. The

subscripts Q and Q′ represent the heavy [cq] and light [q′q′′] diquarks, respectively. In the expressions for the masses of the PYi

states, the terms MPXi
= M0 + ∆Mi with i = 1, ..., 5.

Label |SQ, SQ′ ;LP , JP 〉i Mass Label |SQ, SQ′ ;LP , JP 〉i Mass

PX1 |0Q, 1Q′ , 0; 3
2

−〉1 M0 + ∆M1 PY1 |0Q, 1Q′ , 1; 5
2

+〉1 MPX1
+ 3AP +BP

PX2 |1Q, 0Q′ , 0; 3
2

−〉2 M0 + ∆M2 PY2 |1Q, 0Q′ , 1; 5
2

+〉2 MPX2
+ 3AP +BP

PX3 |1Q, 1Q′ , 0; 3
2

−〉3 M0 + ∆M3 PY3 |1Q, 1Q′ , 1; 5
2

+〉3 MPX3
+ 3AP +BP

PX4 |1Q, 1Q′ , 0; 3
2

−〉4 M0 + ∆M4 PY4 |1Q, 1Q′ , 1; 5
2

+〉4 MPX4
+ 3AP +BP

PX5 |1Q, 1Q′ , 0; 5
2

−〉5 M0 + ∆M5 PY5 |1Q, 1Q′ , 1
2 c̄
, 1; 5

2

+〉5 MPX5
− 2AP +BP

where, the different entries of the above matrix can be written in terms of spin-spin couplings as follow:

m11 =
1

2
((Kq′q′′)3̄ − 3(Kcq)3̄ +Kc̄q′ +Kc̄q′′),

m12 = m21 =
1

2
((Kcq′)3̄ − (Kcq′′)3̄ − (Kqq′)3̄ + (Kqq′′)3̄),

m13 = m31 =
1

2
√

3
((Kcq′)3̄ + (Kcq′′)3̄ − (Kqq′)3̄ − (Kqq′′)3̄ + 2Kc̄q − 2Kc̄c),

m14 = m41 =

√
15

6
((Kcq′)3̄ + (Kcq′′)3̄ − (Kqq′)3̄ − (Kqq′′)3̄ −Kc̄q +Kc̄c),

m22 =
1

2
((Kcq)3̄ − 3(Kq′q′′)3̄ +Kc̄q +Kc̄c), (11)

m23 = m32 =
1

2
√

3
(−(Kcq′)3̄ + (Kcq′′)3̄ − (Kqq′)3̄ + (Kqq′′)3̄),

m24 = m42 =

√
15

6
(−(Kcq′)3̄ + (Kcq′′)3̄ − (Kqq′)3̄ + (Kqq′′)3̄),

m33 =
1

6
(2((Kcq′)3̄ + (Kcq′′)3̄ + (Kqq′)3̄ + (Kqq′′)3̄) + 3(Kcq)3̄ + 3(Kq′q′′)3̄

−Kc̄q −Kc̄c − 6Kc̄q′ − 6Kc̄q′′),

m34 = m43 =

√
5

3
(Kc̄q +Kc̄c −

1

2
(Kcq′)3̄ −

1

2
(Kcq′′)3̄ −

1

2
(Kqq′)3̄ −

1

2
(Kqq′′)3̄),

m44 =
1

6
(3(Kcq)3̄ + 3(Kq′q′′)3̄ − 2(Kcq′)3̄ − 2(Kcq′′)3̄ − 2(Kqq′)3̄ − 2(Kqq′′)3̄

−2Kc̄q − 2Kc̄c + 3Kc̄q′ + 3Kc̄q′′).

The couplings (Kcq′)3̄, (Kcq′′)3̄, (Kqq′)3̄, (Kqq′′)3̄ given in the above expressions correspond to the spin-spin interactions

between the quarks of the two diquarks in Model I [8], which are set to zero in the later version, Model II [43].

The masses for the four S-wave pentaquark states with JP = 3
2

−
and a single state with JP = 5

2

−
are given in Table

I, where we label the states as PXi
. The corresponding five P -wave pentaquark states with LP = 1 and JP = 5

2

+
are

labeled as PYi in Table I. Here ∆Mi (i runs from 1 to 4) are the mass splitting terms that arise after the diagonalizing

the 4× 4 matrix (10), whereas ∆M5 is given by

∆M5 =
1

2
(Kc̄q +Kc̄c +Kc̄q′ +Kc̄q′′ + (Kcq′)3̄ + (Kcq′′)3̄ + (Kqq′)3̄ + (Kqq′′)3̄ + (Kcq)3̄ + (Kq′q′′)3̄). (12)

III. S- AND P -WAVE PENTAQUARK SPECTRUM WITH A cc̄ PAIR AND THREE LIGHT QUARKS

To evaluate numerically the pentaquark mass spectrum, we use the values of the input parameters extracted from

the hidden cc̄ states (X,Y, Z) [8], where the coupling of the heavy-light diquark (Kcq)3̄ (q = u , d) and its mass mQ

7



TABLE II: Constituent quark masses derived from the L = 0 mesons and baryons.

Constituent quark q s c b

Mass (MeV) [Mesons] 305 490 1670 5008

Mass (MeV) [Baryons] 362 546 1721 5050

TABLE III: Spin-Spin couplings for quark-antiquark and the quark-quark pairs in the color singlet and triplet states from the

known mesons.

quark-antiquark qq̄ sq̄ ss̄ cq̄ cs̄ cc̄ quark-quark qq sq ss cq cs

(Kij)0(MeV) 318 200 129 70 72 59 (κij)3̄ (MeV) 103 64 126 22 25

are estimated to be 110 MeV and 1980 MeV, respectively. Corresponding values for the other diquarks couplings

(κij)3̄ are summarized in Table III. As we are working with the pentaquark states in the hidden charm sector, we fixed

the value of the spin-orbit coupling from the corresponding coupling in the hidden charm tetraquark sector, yielding

AP = 52 MeV [43].

For the pentaquarks, consisting of an anti-charm quark and a tetraquark [QQ′], various spin-spin couplings (Kij)0

and (Kij)3̄ enter in the mass formulae, whose values are summarized in Table III. Fixing these couplings, we are left

with one unknown parameter BP , involving the pentaquark orbital angular momentum. To estimate this, we identify

the state |1Q, 0Q′ , 1; 5
2

+〉2 as the pentaquark state 5
2

+
having a mass 4450 MeV and LP = 1. This yields 160 MeV

and 220 MeV for BP in the type I and type II models, respectively.

With these input values, we have calculated the mass spectrum for the different pentaquark states which have a

cc̄ pair and three light quarks belonging to SU(3)F . The results are shown in Figs. 3 and 4, for the parameters

in Model I, and in Figs. 5 and 6, for Model II. The labels ci used in these figures specify the quark flavor content

of the pentaquark states, explicitly given in Table IV. The corresponding numerical values for the masses and their

errors in both the type I and type II models are given in Tables V and VI for PXi and PYi states, respectively.

Obviously, the errors are of parametric origin, assuming the effective Hamiltonian, and not from the assumed form

of the Hamiltonian. The errors shown arise from the uncertainties in the spin-spin couplings of the quarks inside the

diquarks, the masses of the diquarks, and also the couplings of the anti-charm quark with the quarks in the colored

tetraquark states. To estimate these errors, we have used the couplings from the hidden charm and the hidden bottom

tetraquark states. As an example, by using the states Z+
b (10610) and Z+

b (10650), the heavy-light diquark coupling

(Kbq)3̄ is estimated to be 23 MeV [44]. With the relation (Kq′q′′)3̄ = (Kbq)3̄×mb/mq′ , and a similar one involving the

coupling (Kbc)3̄, we can get two different estimates of the quark-quark couplings inside the light diquark. With this,

and the uncertainties on the masses of the diquarks, we have calculated the errors in the masses of the pentaquark

states which are given in the Tables V and VI. Typical parametric errors in this way are about ± 50 MeV.

TABLE IV: Quark contents (with q = u or d) and the corresponding flavor labels ci (i = 1, ..., 5) used in the text for the pentaquark

states.

Quark contents c̄[cq][qq] c̄[cq][sq] c̄[cs][qq] c̄[cs][sq] c̄[cq][ss]

Label c1 c2 c3 c4 c5

8
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FIG. 3: Mass Spectrum (in MeV) of the lowest S- and P -wave pentaquark states in the diquark-diquark-antiquark picture for the

charmonium sector using the tetraquark type-I model. Here, (a) c1, (b) c2 and (c) c3 are the labels for the pentaquarks with their

quark contents given in Table IV.

TABLE V: Masses of the hidden charm S-wave pentaquark states PXi (in MeV) formed through different diquark-diquark-anti-charm

quark combinations in type I and type II models of tetraquarks. The quoted errors are obtained from the uncertainties in the input

parameters in the effective Hamiltonian.The masses given in the parentheses are for the input values taken from the type II model.

PXi PX1 PX2 PX3 PX4 PX5

c1 4133± 55 (4072± 40) 4133± 55 (4133± 55) 4197± 55 (4300± 40) 4385± 55 (4342± 40) 4534± 55 (4409± 40)

c2 4115± 58 (4031± 43) 4138± 47 (4172± 47) 4191± 53 (4262± 43) 4324± 47 (4303± 43) 4478± 47 (4370± 43)

c3 4365± 55 (4304± 55) 4390± 42 (4365± 40) 4443± 49 (4532± 40) 4578± 43 (4574± 40) 4727± 42 (4641± 40)

c4 4313± 47 (4263± 43) 4382± 45 (4404± 47) 4434± 51 (4494± 43) 4568± 46 (4535± 43) 4721± 45 (4602± 43)

c5 4596± 47 (4577± 43) 4664± 46 (4596± 47) 4721± 51 (4810± 43) 4853± 46 (4851± 43) 5006± 45 (4918± 47)

Entries in Table V in the first row, corresponding to the flavor label c1 (representing the quark content c̄[cq][qq]

with q = u , d) show that indeed a state PX4
is predicted with the mass 4385 (4342) MeV in the type I (II) model,

having the quantum numbers |1Q, 1Q′ , 0; 3
2

−〉. This agrees with the mass of the observed state P+
c (4380), and the

spin assignment matches with the proposal by Maiani et al. [25]. Likewise, identifying the state P+
c (4550), having

JP = 5
2

+
with the state PY2

in the first row of Table VI having the quantum numbers |1Q, 0Q′ , 1; 5
2

+〉, also fits well

with the one given by Maiani et al. [25]. The point where we differ is that with the heavy quark symmetry imposed,

the state PX4 is unlikely to be produced in Λb decays, as it has the wrong light-diquark spin. On the other hand, we

do have a lower mass state PX2 , having the correct flavor and spin quantum numbers |1Q, 0Q′ , 0; 3
2

−〉, with a mass of

about 4130 MeV, which we expect to be produced in Λb decays. One could argue that our mass estimates following

from the assumed effective Hamiltonian are in error by a larger amount than what we quote. However, as already

stated, the mass difference between the JP = 5
2

+
and JP = 3

2

−
pentaquarks, having the right quantum numbers

|1Q, 0Q′ , 1; 5
2

+〉 and |1Q, 0Q′ , 0; 3
2

−〉 is expected to be around 340 MeV, yielding a mass for the lower-mass JP = 3
2

−

pentaquark state of about 4110 MeV. The two estimates are compatible with each other, and we advocate to search

for this state in the LHCb data. Among the ten states listed in the first rows of Tables V and VI, only the ones called

PX2
and PY2

are allowed as the Λb decay products.
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FIG. 4: Mass Spectrum (in MeV) of the lowest S-and P -wave pentaquark states in the diquark-diquark-antiquark picture for the

charmonium sector using the tetraquark type-I model. Here, (a) c4 and (b) c5 are the labels for the pentaquarks with their quark

contents given in Table IV.
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FIG. 5: Mass Spectrum (in MeV) of the lowest S-and P -wave pentaquark states in the diquark-diquark-antiquark picture for the

charmonium sector using the tetraquark type-II model. Here, (a) c1, (b) c2 and (c) c3 are labels for the pentaquarks with their quark

contents given in Table IV.

IV. WEAK DECAYS OF THE b-BARYONS INTO PENTAQUARK STATES

In the previous sections, we have worked out the spectroscopy of the hidden charm S- and P -wave pentaquarks

with their flavor structure displayed in Table IV. There are fifty such states anticipated having masses estimated to

lie in the range 4100 - 5100 MeV. They can, in principle, be produced in prompt production processes at the LHC.

In practice, only a few have a chance to be detected in experiments due to their significantly lower cross sections, as

compared to the corresponding ones for tetraquarks, and the formidable experimental background. As most of the

multiquark states (X,Y, Z, Pc) have been observed in the decays of the B mesons and Λb, we anticipate that some of

the pentaquark states discussed earlier can be measured in b-baryon decays. However, only those states obeying the

flavor constraints following from the weak Hamiltonian and having the internal spin quantum numbers compatible

with the heavy quark symmetry will actually be produced in b-baryon decays. The state P+
c (4450) discovered by the

LHCb fits all the criterion to be a pentaquark state, and we expect another JP = 3/2− pentaquark around 4110 MeV,
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FIG. 6: Mass Spectrum (in MeV) of the lowest S-and P -wave pentaquark states in the diquark-diquark-antiquark picture for the

charmonium sector using the tetraquark type-II model. Here, (a) c4 and (b) c5 are labels for the pentaquarks with their quark

contents given in Table IV.

TABLE VI: Masses of the hidden charm P -wave pentaquark states PYi (in MeV) formed through different diquark-diquark-anti-

charm quark combinations in type I and type II models of tetraquarks. The quoted errors are obtained from the uncertainties in the

input parameters in the effective Hamiltonian.The masses given in the parentheses are for the input values taken from the type II

model.

PYi PY1 PY2 PY3 PY4 PY5

c1 4450± 57 (4450± 44) 4450± 57 (4510± 57) 4515± 57 (4678± 44) 4702± 58 (4720± 44) 4589± 56 (4524± 41)

c2 4432± 61 (4409± 47) 4456± 50 (4549± 51) 4508± 56 (4639± 47) 4642± 50 (4681± 47) 4532± 48 (4486± 45)

c3 4682± 57 (4682± 44) 4708± 46 (4742± 57) 4760± 52 (4910± 44) 4895± 47 (4952± 44) 4782± 44 (4756± 41)

c4 4603± 51 (4641± 47) 4699± 49 (4781± 51) 4752± 54 (4871± 47) 4885± 49 (4913± 47) 4776± 47 (4718± 45)

c5 4913± 51 (4954± 47) 4981± 49 (4973± 51) 5038± 54 (5187± 47) 5170± 49 (5228± 47) 5061± 47 (5033± 47)

but a number of other pentaquarks are anticipated in b-baryon decays. Heavy quark symmetry reduces the otherwise

allowed decay topologies (diagrams) and simplifies the discussion of various contributions. SU(3)F symmetry can

be invoked to relate some of these allowed decay rates, following [41, 42], resulting in a number of predictions to be

tested in the future.

The decay amplitudes of interest can be generically written as

A =
〈
PM

∣∣HW
eff

∣∣B〉 , (13)

where, HW
eff is the effective weak Hamiltonian inducing the Cabibbo-allowed ∆I = 0,∆S = −1 transition b → cc̄s,

and the Cabibbo-suppressed ∆S = 0 transition b→ cc̄d.

HW
eff =

4GF√
2

[
VcbV

∗
cq(c1O

(q)
1 + c2O

(q)
2 )
]
. (14)

Here, GF is the Fermi coupling constant, Vij are the CKM matrix elements, and ci are the Wilson coefficients of

the operators O
(q)
1 (q = d, s), defined as

O
(q)
1 = (q̄αcβ)V−A(c̄αbβ)V−A; O

(q)
2 = (q̄αcα)V−A(c̄βbβ)V−A, (15)

where α and β are SU(3) color indices, and V −A = 1− γ5 reflects that the charged currents are left-handed.
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In (13), B is a flavor anti-triplet b-baryon with the light-quark spin jP = 0+ (the flavor sextet b-baryons with

jP = 0+ are denoted by C),

Bij (3̄) =


0 Λ0

b Ξ0
b

−Λ0
b 0 Ξ−b

−Ξ0
b −Ξ−b 0

, Cij (6) =


Σ+
b

Σ0
b√
2

Ξ′0b√
2

Σ0
b√
2

Σ−b
Ξ′−b√

2
Ξ′0b√

2

Ξ′−b√
2

Ω−b

 .

M is a light pseudoscalar meson in the SU(3)F octet, and P is the final state pentaquark state

Mj
i =


π0
√

2
+ η8√

6
π+ K+

π− − π0
√

2
+ η8√

6
K0

K− K̄0 − 2η8√
6

, Pji
(
JP
)

=


PΣ0√

2
+ PΛ√

6
PΣ+ Pp

PΣ− −PΣ0√
2

+ PΛ√
6

Pn

PΞ− PΞ0 −PΛ√
6

 .

The hidden-charm pentaquark states are classified by their JP quantum numbers and their light-quark contents,

usually specified by the corresponding light baryons indicated by a subscript. Thus, the two states P+
c (JP = 3

2

−
)

and P+
c (JP = 5

2

+
), having the flavor content cc̄uud, are denoted here by the components Pp(J

P = 3
2

−
) and Pp(J

P =
5
2

+
). For the JP = 3/2−, also a decuplet is present Pijk (symmetric in all indices) and they can be listed as:

P111 = P∆++
10

,P112 = P∆+
10
/
√

3 ,P122 = P∆0
10
/
√

3 ,P222 = P∆−10
,P113 = PΣ+

10
/
√

3 ,P123 = PΣ0
10
/
√

6 ,P223 =

PΣ−10
/
√

3 ,P133 = PΞ0
10
/
√

3 ,P233 = PΞ−10
/
√

3 and P333 = PΩ−10
[42].

With these definitions, the tree amplitudes for the anti-triplet b-baryon decays into an octet pentaquark and a

pseudoscalar meson, denoted by AJt8, can be decomposed as [42]

AJt8 (q) = T J1

〈
PklMl

k

∣∣∣H (3̄)
i
∣∣∣Bi′i′′〉 εii′i′′ + T J2

〈
PkjMi

k

∣∣∣H (3̄)
j
∣∣∣Bi′i′′〉 εii′i′′

+T J3

〈
PikMk

j

∣∣∣H (3̄)
j
∣∣∣Bi′i′′〉 εii′i′′ + T J4

〈
Pi
′

j′Mi
j

∣∣∣H (3̄)
i′′
∣∣∣Bjj′〉 εii′i′′

+T J5

〈
Pi
′

j′Mi
j

∣∣∣H (3̄)
j
∣∣∣Bi′′j′〉 εii′i′′ + T J6

〈
Pi
′

jMi
j′

∣∣∣H (3̄)
j
∣∣∣Bi′′j′〉 εii′i′′ ,

where the superscript J represents the spin of the final state pentaquark, J = 3
2 or J = 5

2 .

For the case of an anti-triplet b-baryon decaying into a pentaquark state, the relevant contributions arise with

the coefficients T J1 , T
J
2 , T

J
3 and T J5 , in which the spin of the initial state diquark in the decaying b-baryon remains

the same in the final state pentaquark states. The contributions with the coefficients T J4 and T J6 arise only if the

initial light diquark spin is shared by the pentaquark and the meson in the final state as shown in Figs. 7. These

contributions are suppressed by the heavy quark symmetry. The coefficients T J1 and T J2 are expected to be smaller

than T J3 and T J5 , as they involve higher Fock states of the pentaquarks (such as five quarks and two antiquarks).

The remaining dominant external W -emission diagrams with the coefficients T J3 and T J5 are shown in Figs. 7 (a) and

(b), respectively. Noting that the amplitudes of the anti-triplet b-baryons decaying into an octet pentaquark and a

pseudoscalar meson enter in the combination 2T J3 +T J5 , we denote this by T J8 . So, for this class of decays there is just

one amplitude for a given JP of the pentaquarks. Similarly, in the case of the sextet b-baryons decaying into decuplet

pentaquark states, the only relevant diagram with external W -emission comes with T s J5 . The internal W -emission

diagrams with the coefficients T s J4 and T s J6 , shown in Fig. 7 (c) and (d), respectively, arise only if the initial light

diquark spin is shared by the pentaquark and the meson in the final state. These contributions are again suppressed

by the heavy quark symmetry. The amplitude for the sextet b-baryons decaying into a decuplet pentaquark and a

meson is:

AJt10 (q) = T s J5

〈
Pkj′i′′Mk

l

∣∣∣H (3̄)
l
∣∣∣ Ci′′j′〉 . (16)
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(a) (b)

(c) (d)

FIG. 7: Decays of the anti-triplet (Bij) and sextet (Cij) b-baryons into a hidden charm octet pentaquark state Pj
i and an octet of

pseudoscalar meson Mj
i . Figures (a) and (b) correspond to the case when the spin of initial state light diquark remains unchanged

and is transferred to the pentaquark state. In Figures (c) and (d), the spin of the initial state light diquark is shared between the

pentaquark and the meson in the final state and their contribution is suppressed in the heavy quark limit.

TABLE VII: SU(3) amplitudes corresponding to the ∆S = 0 transitions for the Λb, Ξ0
b , Ξ−b and Ω−b decays. The symbols {Xi;Yi}ci

with i = 1, ..., 5 represent the different {PXi ;PYi} states with ci defining the flavor contents of the pentaquark states. For the decays

of Λb, Ξ0
b , Ξ−b (Ω−b ) the pentaquark states are octet (decuplet).

Decay Mode Amplitude Decay Mode Amplitude

Λb → P
{X2 ;Y2}c1
p π− T J

8 Ξ−b → P
{X2 ;Y2}c4

Ξ−
K0 T J

8

Λb → P
{X2 ;Y2}c1
n η8

1√
6
T J

8 Ξ−b → P
{X2 ;Y2}c2

Σ−
η8

1√
6
T J

8

Λb → P
{X2 ;Y2}c1
n π0 − 1√

2
T J

8 Ξ−b → P
{X2 ;Y2}c2

Λ0 π− 1√
6
T J

8

Ξ0
b → P

{X2 ;Y2}c2

Λ0 η8 − 1
6
T J

8 Ξ−b → P
{X2 ;Y2}c2

Σ0 π− 1√
2
T J

8

Ξ0
b → P

{X2 ;Y2}c2

Σ0 η8
1√
12
T J

8 Ξ−b → P
{X2 ;Y2}c2

Σ−
π0 − 1√

2
T J

8

Ξ0
b → P

{X2 ;Y2}c2

Λ0 π0 1√
12
T J

8 Ξ0
b → P

{X2 ;Y2}c2

Σ0 π0 − 1
2
T J

8

Ω−b → P
{X3 ;Y3}c5

Ξ−10

π0 1√
6

(
−T s J

5

)
Ω−b → P

{X3 ;Y3}c5

Ξ0
10

π− 1√
3
T s J

5

Also, in this class of decays, there is only one amplitude per JP due to heavy quark symmetry. An example is the

decay of of the Ω−b = b(ss), which is an SU(3)F sextet with the (ss) quarks having jp = 1+. Due to heavy quark

symmetry, Ω−b decay will produce a decuplet pentaquark, but not an octet, though the SU(3) algebra admits the octet

3× 6 = 8 + 10. In particular, the amplitude AJs8 given in Eq. (13) in [42] is not allowed in the heavy quark symmetry

limit. This underscores the use of the heavy quark symmetry in b-baryonic decays to pentaquarks.

V. SU(3) RELATIONS FOR THE PENTAQUARK STATES

Relations among the various decay amplitudes using SU(3)F symmetry have been derived in [42]. In terms of the

internal and external W -boson classification, they are given in [41]. In particular, in [42], they are written including all

possible topologies. However, heavy quark symmetry suppresses some contributions as we have argued in the previous
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TABLE VIII: SU(3) amplitudes corresponding to the ∆S = 1 transitions for the Λb, Ξ0
b , Ξ−b and Ω−b decays. The symbols

{Xi;Yi}ci are the same as defined in Table VII.

Decay Mode Amplitude Decay Mode Amplitude

Λb → P
{X2 ;Y2}c1
p K− T J

8 Ξ−b → P
{X2 ;Y2}c2

Σ−
K̄0 T J

8

Λb → P
{X2 ;Y2}c1
n K̄0 T J

8 Ξ−b → P
{X2 ;Y2}c2

Ξ−
η8 − 2√

6
T J

8

Λb → P
{X2 ;Y2}c3

Σ0 π0 0 Ξ−b → P
{X2 ;Y2}c2

Λ0 K− 1√
6
T J

8

Λb → P
{X2 ;Y2}c3

Λ0 η8
2
3
T J

8 Ξ−b → P
{X2 ;Y2}c2

Σ0 K− 1√
2
T J

8

Ξ0
b → P

{X2 ;Y2}c2

Σ+ K− −T J
8 Ξ0

b → P
{X2 ;Y2}c2

Ξ0 η8
2√
6
T J

8

Ω−b → P
{X3 ;Y3}c5

Ξ0
10

K− 1√
3
T s J

5 Ω−b → P
{X3 ;Y3}c5

Ξ−10

K̄0 1√
3
T s J

5

section. Combining SU(3)F -symmetry with the heavy quark symmetry , these relations involving pentaquarks with

a definite JP are given in Tables VII and VIII. They are strikingly predictive and we write them below, though they

can all be read from these tables.

The SU(3) relations involving different anti-triplet b-baryon decays into an octet pentaquark state and a meson

from the Cabibbo-suppressed part of the weak Hamiltonian HW (∆S = 0) are:

AJt8(Λb → P
{X2 ;Y2}c1
p π−) = −

√
2AJt8(Λb → P

{X2 ;Y2}c1
n π0) =

√
6AJt8(Λb → P

{X2 ;Y2}c1
n η8) ,

AJt8(Ξ0
b → P

{X2 ;Y2}c2

Λ0 π0) = −AJt8(Ξ0
b → P

{X2 ;Y2}c2

Σ0 η8) ,

AJt8(Ξ−b → P
{X2 ;Y2}c4

Ξ− K0) =
√

6AJt8(Ξ−b → P
{X2 ;Y2}c2

Σ− η8) =
√

6AJt8(Ξ−b → P
{X2 ;Y2}c2

Λ0 π−) ,

AJt8(Ξ−b → P
{X2 ;Y2}c4

Ξ− K0) =
√

2AJt8(Ξ−b → P
{X2 ;Y2}c2

Σ0 π−) = −
√

2AJt8(Ξ−b → P
{X2 ;Y2}c2

Σ− π0) , (17)

whereas for the ∆S = 1, the relations can be written as follows

AJt8(Λb → P
{X2 ;Y2}c1
p K−) = AJt8(Λb → P

{X2 ;Y2}c1
n K̄0) ,

AJt8(Ξ0
b → P

{X2 ;Y2}c2

Σ+ K−) = −
√

3

2
AJt8(Ξ0

b → P
{X2 ;Y2}c2

Ξ0 η8) = AJt8(Ξ−b → P
{X2 ;Y2}c2

Σ− K̄0),

=
√

2AJt8(Ξ−b → P
{X2 ;Y2}c2

Σ0 K−) . (18)

Likewise, the amplitudes corresponding to the ∆S = 0 transitions of the b-baryon sextet (Ω−b ) decaying into a

decuplet pentaquark and a meson are related:

−
√

2AJt10(Ω−b → P
{X3 ;Y3}c5

Ξ−10

π0) = AJt10(Ω−b → P
{X3 ;Y3}c5

Ξ0
10

π−), (19)

and for ∆S = 1, they corresponding ones are:

AJt10(Ω−b → P
{X3 ;Y3}c5

Ξ0
10

K−) = AJt10(Ω−b → P
{X3 ;Y3}c5

Ξ−10

K̄0) . (20)

Here, as before, PXi and PYi have J = 3
2 and J = 5

2 , respectively.

The two-body decay rate in the center-of-mass frame can be expressed as

Γ ∝ |qcm||A|2 ∝ |qcm|2L+1, (21)

where |A| is the amplitude of the respective decay mode, L is the relative orbital angular momentum of the final state

particles, and qcm is the center-of-mass momentum, defined as

|qcm| = qP =
√
E2
P −m2

P ,

EP =
m2
B +m2

P −m2
M

2mB
, (22)
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TABLE IX: Estimate of the ratios of the decay widths Γ(B(C)→ P5/2M)/Γ(Λ0
b → P

5/2
p K−) for ∆S = 1 transitions [21].

Decay Process Γ/Γ(Λ0
b → P

5/2
p K−) Decay Process Γ/Γ(Λ0

b → P
5/2
p K−)

Λb → P
{Y2}c1
p K− 1 Ξ−b → P

{Y2}c2

Σ−
K̄0 2.07

Λb → P
{(Y2}c1
n K̄0 1 Ξ0

b → P
{Y2}c2

Σ+ K− 2.07

Λb → P
{Y2}c3

Λ0 η′ 0.03 Λb → P
{Y2}c3

Λ0 η 0.19

Ξ−b → P
{Y2}c2

Σ0 K− 1.04 Ξ−b → P
{Y2}c2

Λ0 K− 0.34

Ω−b → P
{Y3}c5

Ξ−10

K̄0 0.14 Ω−b → P
{Y3}c5

Ξ0
10

K− 0.14

TABLE X: Estimate of the ratios of decay widths Γ(B(C)→ P5/2M)/Γ(Λ0
b → P

5/2
p K−) for ∆S = 0 transitions. These transitions

are suppressed by a factor |V ∗cd/V ∗cs|2 compared to ∆S = 1 transitions [21].

Decay Process Γ/Γ(Λ0
b → P

5/2
p K−) Decay Process Γ/Γ(Λ0

b → P
5/2
p K−)

Λb → P
{Y2}c1
p π− 0.08 Λb → P

{Y2}c1
n π0 0.04

Λb → P
{Y2}c1
n η 0.01 Λb → P

{Y2}c1
n η′ 0

Ξ−b → P
{Y2}c4

Ξ−
K0 0.02 Ξ−b → P

{Y2}c2

Σ0 π− 0.08

Ξ−b → P
{Y2}c2

Σ−
η 0.02 Ξ−b → P

{Y2}c2

Σ−
η′ 0.01

Ξ−b → P
{Y2}c2

Σ−
π0 0.08 Ξ0

b → P
{Y2}c2

Σ0 π0 0.04

Ξ0
b → P

{X2 (Y2)}c2

Λ0 η 0.01 Ξ0
b → P

{Y2}c2

Λ0 η′ 0.01

Ξ0
b → P

{Y2}c2

Λ0 π0 0.01 Ω−b → P
{Y3}c5

Ξ−10

π0 0.01

Ω−b → P
{Y3}c5

Ξ0
10

π− 0.02

where, mB, mP and mM are the masses of the initial state b-baryon, final state pentaquark and pseudoscalar meson,

respectively. Using this formula, the decay ratios Γ(B(C) → P5/2M)/Γ(Λ0
b → P

5/2
p K−) for ∆S = 1 and ∆S = 0

transitions are summarized in the Tables IX and X, respectively.

In line with the arguments presented here, we have argued that the state Pc(4380) with JP = 3/2− is an unlikely

candidate for a pentaquark. Rather, it is the state with a lower mass, Pc(4110) with JP = 3/2−, which has the correct

angular momentum and light diquark spin to be produced in Λb decays. The ratios Γ(B(C) → P3/2M)/Γ(Λ0
b →

P
{X2}c1
p K−) for ∆S = 1 and ∆S = 0 transitions are given in Tables XI and XII, respectively. In working out

the numbers, we have used the pentaquark mass spectrum worked out by us. The small rates for the ∆S = 0

transitions compared to the ∆S = 1 reflect Cabibbo-suppression. In particular, Γ(Λ0
b → Pc(4450)+π−)/Γ(Λ0

b →
Pc(4450)+K−) ' 0.08, and a similar number for the ratio involving the lower-mass JP = 3/2− state.3

In the numerical estimates for the Ω−b decays, we have assumed T s J5 = T J8 , which is expected as both of them are

tree-amplitudes. However, this is only a ball-park estimate, as the corresponding amplitudes, which are independent

quantities, may differ substantially. Many of the predictions presented here for the ratios can be sharpened by

calculating the SU(3)F -breaking and including the sub-leading contributions in 1/mb. More data on pentaquark

states is required to estimate them. Absolute decay rates, on the other hand, require a reliable computation of the

amplitudes T J8 and T s J5 . This, however, is a daunting task, way beyond the theoretical tools available currently.

3 First evidence of tetraquark- and pentaquark-structures in the Cabibbo-suppressed channel Λ0
b → J/ψ p π− is reported recently by

LHCb [45].
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TABLE XI: Estimate of the ratios of decay widths Γ(B(C) → P3/2M)/Γ(Λ0
b → P

{X2}c1
p K−) for ∆S = 1 transitions. Note that

we have used the pentaquark masses worked out in this work.

Decay Process Γ/Γ(Λ0
b → P

{X2}c1
K−

p ) Decay Process Γ/Γ(Λ0
b → P

{X2}c1
p K−)

Λb → P
{X2}c1
p K− 1 Ξ−b → P

{X2}c2

Σ−
K̄0 1.38

Λb → P
{X2}c1
n K̄0 1 Ξ0

b → P
{X2}c2

Σ+ K− 1.38

Λb → P
{X2}c3

Λ0 η′ 0.17 Λb → P
{X2}c3

Λ0 η 0.22

Ξ−b → P
{X2}c2

Σ0 K− 0.69 Ξ−b → P
{X2}c2

Λ0 K− 0.23

Ω−b → P
{X3}c5

Ξ−10

K̄0 0.24 Ω−b → P
{X3}c5

Ξ0
10

K− 0.24

TABLE XII: Estimate of the ratios of the decay widths Γ(B(C) → P3/2M)/Γ(Λ0
b → P

{X2}c1
p K−) for ∆S = 0 transitions. These

transitions are suppressed by a factor |V ∗cd/V ∗cs|2 compared to ∆S = 1 transitions. Other input values are the same as in Table XI.

Decay Process Γ/Γ(Λ0
b → P

{X2}c1
K−

p ) Decay Process Γ/Γ(Λ0
b → P

{X2}c1
p K−)

Λb → P
{X2}c1
p π− 0.06 Λb → P

{X2}c1
n π0 0.03

Λb → P
{X2}c1
n η 0.01 Λb → P

{X2}c1
n η′ 0.01

Ξ−b → P
{X2}c4

Ξ−
K0 0.02 Ξ−b → P

{X2}c2

Σ0 π− 0.03

Ξ−b → P
{X2}c2

Σ−
η 0.02 Ξ−b → P

{X2}c2

Σ−
η′ 0.01

Ξ−b → P
{X2}c2

Σ−
π0 0.04 Ξ0

b → P
{X2}c2

Σ0 π0 0.02

Ξ0
b → P

{X2}c2

Λ0 η 0 Ξ0
b → P

{X2}c2

Λ0 η′ 0

Ξ0
b → P

{X2}c2

Λ0 π0 0.01 Ω−b → P
{X3}c5

Ξ−10

π0 0.01

Ω−b → P
{X3}c5

Ξ0
10

π− 0.02

VI. CONCLUDING REMARKS

We have studied the mass spectrum of the pentaquarks c̄[cq][q′q′′] where q, q′, q′′ can be u, d, and s quarks, in the

diquark-diquark-antiquark approach, using an effective Hamiltonian. The various input parameters are fixed from

the experimentally measured states X,Y, Z, under the assumption that they are diquark-antidiquark states. The

determination of the spin-spin couplings in a diquark differs between the type I [8] and type II [43] models, and

we have worked out the numerics in both cases. Our mass estimates for the pentaquark states agree with the ones

given in [25], using their spin and angular-momentum assignments: P+
c (4380) = {c̄[cu]s=1[ud]s=1;LP = 0, JP = 3

2

−}
and P+

c (4450) = {c̄[cu]s=1[ud]s=0;LP = 1, JP = 5
2

+}. They correspond to the S-wave pentaquark state PX4
and

the P -wave pentaquark state PY2
, respectively, in our work and given in Table I. We have argued that as the state

PX4
has a light diquark with spin 1, [ud]s=1, heavy-quark symmetry suppresses the decay Λ0

b → PX4
K−. Hence,

identifying the lower-mass state P+
c (4380) with the state PX4 , as done in [25] is, in our opinion, problematic. In other

words, only those b-baryon decays in which the spin of the light diquark is transferred to the spin of the light diquark

in the pentaquark go unhindered.

However, there is a JP = 3
2

−
state in the spectrum, called PX2

= {c̄[cu]s=1[ud]s=0;LP = 0, JP = 3
2

−} in Table I,

which has the right diquark-spin to be produced in Λb decays. The mass difference between the JP = 5
2

+
pentaquark

state Pc(4450) and the JP = 3
2

−
pentaquark state PX2 can be determined by the corresponding mass difference in the

charm-baryon sector m[Λ+
c (2625); JP = 3

2

−
] −m[Λ+

c (2286); JP = 1
2

+
] ' 341 MeV. Using the effective Hamiltonian,

and fixing the parameters from the tetraquark states, we estimate this mass difference to be about 320 MeV, thus

yielding the mass of the JP = 3
2

−
pentaquark in the range 4110 - 4130 MeV. We urge the LHCb collaboration to
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reanalyze their data to search for this lower-mass JP = 3
2

−
pentaquark state decaying into J/ψ p.

The pentaquark spectrum with hidden cc̄ and three light quarks is very rich. Restricting to the lowest S- and

P -waves, there are 50 such states in the mass range 4100 - 5100 MeV. They can, in principle, be produced in prompt

processes at the LHC but face unfavorable rates and formidable background. A small fraction of these pentaquarks

having the correct flavor and spin/angular-momentum quantum numbers can be produced in b-baryonic decays and

their searches appear very promising. We have studied these decays in the second part of our paper, following closely

earlier analysis along the same lines [41, 42]. However, there is one difference between our work and theirs in that

we use the heavy quark symmetry to classify the various topologies (diagrams), and have kept only those transitions

which are allowed by the heavy-quark-spin conservation. This substantially reduces the number of allowed amplitudes

and results in a number of relations which can be tested in the future. Relative rates for certain decay channels are

calculated and we find that there are good chances to discover yet other pentaquark states in the decays of the b

baryons Ξ0
b ,Ξ

−
b and Ωb. In the meanwhile, we await for more data and renewed analysis of the current LHCb data

to test some of the predictions presented here, in particular, the existence of a JP = 3/2− pentaquark state having a

mass around 4110 MeV in the Dalitz analysis of the decay Λb → J/ψpK−.

Acknowledgments

One of us (A.A.) would like to thank Luciano Maiani, Antonello Polosa and Sheldon Stone for helpful discussions.

I. Ahmed, J. Aslam and A. Rehman acknowledge discussions with Prof. Fayyazuddin.

[1] S.-K. Choi et al. (Belle Collaboration), Phys. Rev. Lett. 91, 262001 (2003).

[2] V. M. Abazov et al. (D0 Collaboration), Phys. Rev. Lett. 93, 162002 (2004).

[3] D. Acosta et al. (CDF II Collaboration) Phys. Rev. Lett. 93, 072001 (2004).

[4] B. Aubert et al. (BaBar Collaboration), Phys. Rev. D 71, 071103 (2005).

[5] R. Aaij et al. [LHCb Collaboration], arXiv:1606.07895 [hep-ex].

[6] K. F. Chen et al. [Belle Collaboration], Phys. Rev. Lett. 100, 112001 (2008) [arXiv:0710.2577 [hep-ex]].

[7] A. Bondar et al. [Belle Collaboration], Phys. Rev. Lett. 108, 122001 (2012) [arXiv:1110.2251 [hep-ex]].

[8] L. Maiani, F. Piccinini, A. D. Polosa and V. Riquer, Phys. Rev. D 71, 014028 (2005) [hep-ph/0412098].

[9] L. Maiani, V. Riquer, F. Piccinini and A. D. Polosa, Phys. Rev. D 72, 031502 (2005) [hep-ph/0507062]; L. Maiani, F.

Piccinini, A. D. Polosa and V. Riquer, AIP Conf. Proc. 814, 508 (2006) [hep-ph/0512082]; L. Maiani, A. D. Polosa and

V. Riquer, [arXiv:0708.3997 [hep-ph]]; L. Maiani, A. D. Polosa and V. Riquer, New J. Phys. 10, 073004 (2008).

[10] N. V. Drenska, R. Faccini and A. D. Polosa, Phys. Lett. B 669, 160 (2008) [arXiv:0807.0593 [hep-ph]]; N. V. Drenska, R.

Faccini and A. D. Polosa, Phys. Rev. D 79, 077502 (2009) [arXiv:0902.2803 [hep-ph]].

[11] E. S. Swanson, Phys. Rept. 429, 243 (2006).

[12] E. Klempt and A. Zaitsev, Phys. Rept. 454, 1 (2007).

[13] S. Godfrey and S. L. Olsen, Ann. Rev. Nucl. Part. Sci. 58, 51 (2008).

[14] M. B. Voloshin, Prog. Part. Nucl. Phys. 61, 455 (2008).

[15] A. Ali, C. Hambrock, I. Ahmed, M. J. Aslam, Phys. Lett. B 684, 28 (2010) [arXiv:0911.2787 [hep-ph]].

[16] A. Ali, C. Hambrock and M. J. Aslam, Phys. Rev. Lett. 104, 162001 (2010), Erratum: Phys. Rev. Lett. 107, 049903

(2011) [arXiv: 0912.5016 [hep-ph]].

[17] M. Nielsen, F. S. Navarra, and S. H. Lee, Phys. Rep. 497, 41 (2010).

[18] R. Faccini, A. Pilloni and A. D. Polosa, Mod. Phys. Lett. A 27, 1230025 (2012).

[19] A. Esposito, A. L. Guerrieri, F. Piccinini, A. Pilloni and A. D. Polosa, Int. J. Mod. Phys. A 30, 1530002 (2014).

[20] H.-X. Chen, W. Chen, X. Liu, and S.-L. Zhu, [arXiv:1601.02092 [hep-ph]].

17



[21] R. Aaij et al. [LHCb Collaboration], Phys. Rev. Lett. 115 (2015) 072001 [arXiv:1507.03414 [hep-ex]].

[22] Feng-Kun Guo, Ulf- G. Meißner, Wei Wang, Zhi Yang, Phys. Rev. D 92, 071502 (2015) [arXiv:1507.04950]; Xiao-Hai Liu,

Qian Wang, Qiang Zhao, [arXiv:1507.05359 [hep-ph]]; M. Mikhasenko, [arXiv:1507.06552 [hep-ph]]; Ulf -G. Meißner, Jose

A. Oller, Phys. Lett. B 751, 59 (2015) [arXiv:1507.07478 [hep-ph]].

[23] Hua-Xing Chen, Wei Chen, Xiang Liu, T.G. Steele, Shi-Lin Zhu, Phys. Rev. Lett. 115 (2015) no.17, 172001

[arXiv:1507.03717 [hep-ph]]; Jun He, Phys. Lett. B 753 (2016) 547 [arXiv:1507.05200 [hep-ph]] L. Roca, J. Nieves, E.

Oset, Phys. Rev. D 92 094003 (2015) [arXiv:1507.04249 [hep-ph]]; Rui Chen, Xiang-Liu, Phys. Rev. Lett. 115, 132002

(2015) [arXiv:1507.03704 [hep-ph]]; C. W. Xiao and Ulf -G. Meißner, Phys. Rev. D 92, 114002 (2015) [arXiv:1508.00924

[hep-ph]].

[24] V. Kubarovsky and M.B. Voloshin, Phys. Rev. D 92, 031502 (2015) [arXiv:1508.00888 [hep-ph]].

[25] L. Maiani, A. D. Polosa and V. Riquer, Phys. Lett. B 749, 289 (2015) [arXiv:1507.04980 [hep-ph]].

[26] G. N. Li, X. G. He and M. He, JHEP 1512, 128 (2015) [arXiv:1507.08252 [hep-ph]]; A. Mironov, A. Morozov, JETP Lett.

102, 271 (2015) [arXiv:1507.04694 [hep-ph]]; A.V. Anisovich et al., [arXiv:1507.07652 [hep-ph]]; R. Ghosh, A. Bhattacharya,

B. Chakrabarti, [arXiv:1508.00356]; Zhi-Gang Wang, Eur. Phys. J. C 76, 70 (2016) [arXiv:1508.01468 [hep-ph]]; Zhi-Gang

Wang, Tao Huang, Eur. Phys. J. C 76, 43 (2016) [arXiv:1508.04189 [hep-ph]]; Zhi-Gang Wang, Eur. Phys. J. C 76, 142

(2016) [arXiv: 1509.06436 [hep-ph]]; Hua-Xing Chen, Wei Chen, Xiang Liu and Shi-Lin Zhu, [arXiv: 1601.02092 [hep-ph]].

[27] R. F. Lebed, Phys. Lett. B 749, 454 (2015) [arXiv:1507.05867 [hep-ph]].

[28] R. Zhu and C. F. Qiao, Phys. Lett. B 756, 259 (2016) [arXiv:1510.08693 [hep-ph]].

[29] H. J. Lipkin, Phys. Lett. B 195, 484 (1987).

[30] R. L. Jaffe and F. Wilczek, Phys. Rev. Lett. 91, 232003 (2003) [hep-ph/0307341].

[31] E. Eichten, K. Gottfried, T. Kinoshita, K. D. Lane and T. M. Yan, Phys. Rev. D 17, 3090 (1978) Erratum: [Phys. Rev.

D 21, 313 (1980)].

[32] A. Ali, Multiquark Hadrons - A New Facet of QCD arXiv:1605.05954 [hep-ph].

[33] N. Isgur and M. B. Wise, Phys. Lett. B 232, 113 (1989).

[34] N. Isgur and M. B. Wise, Phys. Lett. B 237, 527 (1990).

[35] N. Isgur and M. B. Wise, Phys. Rev. Lett. 66, 1130 (1991).

[36] T. Mannel, W. Roberts and Z. Ryzak, Nucl. Phys. B 355, 38 (1991).

[37] A. F. Falk, Nucl. Phys. B 378, 79 (1992).

[38] A. V. Manohar and M. B. Wise, Camb. Monogr. Part. Phys. Nucl. Phys. Cosmol. 10 (2000) 1.

[39] K. A. Olive et al. [Particle Data Group Collaboration], Chin. Phys. C 38, 090001 (2014).

[40] A. Ali, C. Hambrock, A. Y. Parkhomenko and W. Wang, Eur. Phys. J. C 73, no. 2, 2302 (2013) [arXiv:1212.3280 [hep-ph]].

[41] H. Y. Cheng and C. K. Chua, Phys. Rev. D 92, no. 9, 096009 (2015) [arXiv:1509.03708 [hep-ph]].

[42] G. N. Li, X. G. He and M. He, JHEP 1512, 128 (2015) [arXiv:1507.08252 [hep-ph]].

[43] L. Maiani, F. Piccinini, A. D. Polosa and V. Riquer, Phys. Rev. D 89, 114010 (2014) [arXiv:1405.1551 [hep-ph]].

[44] A. Ali, L. Maiani, A. D. Polosa and V. Riquer, Phys. Rev. D 91, no. 1, 017502 (2015) [arXiv:1412.2049 [hep-ph]].

[45] R. Aaij et al. [LHCb Collaboration], arXiv:1606.06999 [hep-ex].

18


	I Introduction
	II Pentaquark spectrum in an effective Hamiltonian framework
	III  bold0mu mumu SSSSSS- and bold0mu mumu PPPPPP-wave pentaquark spectrum with a bold0mu mumu cccccc pair and three light quarks
	IV Weak Decays of the bold0mu mumu bbbbbb-baryons into pentaquark states
	V bold0mu mumu SU(3)SU(3)SU(3)SU(3)SU(3)SU(3) relations for the Pentaquark States
	VI Concluding Remarks
	 References

